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R.V.  Kuz cand. phys. - math. sciences 
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 THEORY AND DESIGN OF THERMOELECTRIC GENERATORS 
 USING WASTE HEAT ON VEHICLES 

The paper presents the results of the analysis of theoretical works concerning the use of thermoelectric generators for 
vehicles in order to obtain additional electricity and, accordingly, fuel saving. The trends and current state of 
development of such generators are considered. Bibl. 21. 
Key words: thermoelectric generator, internal combustion engine, heat recovery. 

Introduction 
General characterization of the problem. The use of thermoelectric generators (TEGs) for heat 

recovery of internal combustion engines to generate electricity over the past three decades remains a 
subject of increased interest from the automotive industry and specialists in thermoelectricity. 

The purpose of the work is to analyze the existing achievements in the design and construction of 
thermoelectric generators for vehicles and to determine the prospects in the development and design of 
such generators. 

Basic theories of TEG design for vehicles 
The number of publications containing information on the theory of design and optimization of 

thermoelectric generators for vehicles is a small part of the total number of works on thermoelectric 
generators for vehicles. Below are the main results of theoretical research. 

U.S. Department of Energy’s National Renewable Energy Laboratory [1, 2] 

A study by Hendricks and Lustbader for different classes of trucks. Model assumptions: one-
dimensional TEG model is considered; temperature of hot exhaust gases is 700 °С. An attempt is made to 
optimize the components of the system by taking into account the contact thermal and electrical resistances 
in the TEG elements. The unit cost of the heat generator depending on its electric power is analyzed. It is 
shown that it decreases with increasing TEG output power due to the reduction of the unit cost of the heat 
removal system and in the considered model it tends to the value of $ 10/W. 

A.A. Baikov Institute, Russia [3] 

A number of theoretical works have been carried out, where the reasons for the inefficiency of a 
thermoelectric generator (TEG) for an internal combustion engine are analyzed. The conflict of the 
"engine-TEG" system is considered. Conclusions are made about the zero efficiency of the TEG, in 
particular, due to the presence of additional back pressure in the system, additional mass and the need for 
an additional cooling system of TEG. In the model under consideration, the economic efficiency of the 
TEG is zero due to a decrease in the efficiency of the engine during the installation of the TEG. 

 
R.V. Kuz 
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Chalmers University of Technology, Sweden [4] 

A computer three-dimensional non-stationary model of a thermoelectric generator for a diesel 
engine is considered. The model calculates in detail the exhaust gas flows in the generator and the heat 
carrier flows. It is proposed to use this model to optimize the design of heat exchangers, select the optimal 
thermoelectric materials and determine the impact of the generator on the engine. In this paper, no 
conclusions are made about the economic efficiency of TEG. 

Department of Mechanical Engineering, Stevens Institute of Technology, Hoboken, NJ, USA [5]  

The purpose of the work was to determine the influence of the following parameters on the 
efficiency of TEG: the length of thermoelement legs, the size of heat carrier channels, the ratio of electrical 
conductivity and thermal conductivity of materials; the Reynolds, Nusselt and Prandtl numbers Re, Nu, Pr; 
the dimensionless thermoelectric figure of merit of thermoelement materials ZT. 

Theoretical approximations used. The model is one-dimensional. Heat fluxes along the direction of 
heat carriers motion were not taken into account, the physical properties of the materials were assumed to 
be independent of temperature. Heat losses in structural elements, in connections, on transitional thermal 
resistances were not taken into account. Losses in electrical connections were also disregarded. The mass 
flow rate of both heat carriers was assumed to be equal. 

The model was not confirmed, as it gave a discrepancy between theoretical calculations and 
experimental measurements by 40-50%. 

North China Electric Power University, China [6] 

The multi-parameter model includes hot and cold heat exchangers and thermoelectric modules. In 
fact, the source of heat of exhaust gases and water cooling of the radiator are modeled. Emphasis is placed 
on the non-uniformity of temperature differences on thermoelectric units along the gas flow. 

Conclusions are made about the possibility of reducing the volume of thermoelectric material when 
optimizing the design of TEG. 

Due to significant assumptions and simplifications, the results obtained are not very suitable for the 
design of generators. The model does not make it possible to draw conclusions about the economic 
feasibility of the generator. 

Department of Mechanical Engineering, University of Maryland, College Park, USA [7] 

In the work of Crane and Jackson, the TEG scheme with perpendicular directions of heat carrier 
flows in the hot air and cold liquid circuits of the heat exchanger is considered. The fluid circuit uses the 
fluid of the car's engine cooling system.      

The purpose of the work was the simultaneous optimization of the geometry of the heat exchanger 
and thermoelectric modules. The optimization procedure included: theoretical modeling based on well-
known theories of convective heat transfer and thermoelectric energy conversion; numerical analysis, 
experimental verification and final optimization at the level of the whole system at the cost of a unit of 
electric power. 

The following assumptions are used. The planes in the middle of the partitions between adjacent 
channels are adiabatic boundaries for heat flows. This allowed the analysis of the entire heat exchanger 
based on the consideration of one channel. Thomson's heat, as in the Betancourt model, is assumed to be 
negligibly small. The physical properties of materials are temperature independent. Only convective heat 
exchange of heat carriers with the heat exchanger was taken into account. The energy balance of the TEG 
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takes into account the power of the fan, air circuit and liquid pump. It was assumed that Bi2Te3 material 
was used in thermoelectric modules. 

The main results of the work. The one-dimensional Betancourt model generalized to the case of 
non-parallel heat carrier flows. The possibility of obtaining a specific power of 40 W / liter of hot water 
and a maximum cost of 1.1 kW / $ 10000 is demonstrated. 

Clarkson University, Potsdam, NY, USA [8].  

Karri developed and researched a TEG model that uses the heat of the exhaust gas. The model is 
based on the use of Hi-Z 20 modules. Hot heat carrier - exhaust gases, cold - water from the car's radiator 
circuit. 

Mathematically, the model is described by a system of four nonlinear equations solved by computer 
means. The obtained results are quite accurate, but do not provide information on the optimization of TEG. 
Simulation is reduced to obtaining values that can be more accurately found experimentally. The model 
does not yield results of economic efficiency of the generator. 

Department of Mechanical Engineering Rochester Institute of Technology Rochester, NY, USA [9] 

The Betancourt, Karri, Crane and Jackson models were used and refined in Smith's work. 
Smith analyzed a more complex sectional TEG circuit. The hot heat carrier flow creates temperature 

differences in thermoelectric modules of three sections. The model assumes that each section has a 
different number of modules. Such sectional TEGs have been investigated with Hi-Z and Melcor modules 
by computer simulation and optimization. 

32 combinations of the number of sections (from 1 to 3) and the number of modules in the section 
are considered. The temperature dependences of the module parameters given by the empirical linear 
functions of the average module temperature were taken into account. 

The simulation results were tested experimentally on a TEG model. 
The experiments differed from the results of computer simulations by 30-40%, which reduces the 

value of such simulations. The cost of the generator in this model is estimated around $ 10 / W. 

Institute of Thermoelectricity, Ukraine [10 – 21] 
A number of comprehensive studies of thermoelectric generators for vehicles have been carried out, 

which follow from the description of the physics of a thermoelectric generator and yield the main thing, i.e. 
information for determining the optimal models of thermoelectric generators 

The first calculations were carried out on a TEG model with lumped parameters. It allows you to 
identify the most general patterns of TEG. This model contains a local heat exchanger of infinite thermal 
conductivity and an infinite heat transfer coefficient. Under this condition, the gas enters the heat 
exchanger and leaves it at a temperature equal to that of the heat exchanger.  From the heat exchanger the 
heat is transferred to a thermoelectric converter, the hot temperature of which is equal to the temperature of 
the gas. This means that the model does not take into account heat loss during its transfer from the heat 
exchanger to the thermoelectric converter and during heat transfer from the gas to the heat exchanger. In a 
thermoelectric converter, thermal energy is partially converted into electrical energy, and the rest is 
transferred to the thermostat. An important conclusion is that the maximum value of the efficiency of the 
TEG is achieved at a certain optimal value of the temperature of the heat exchanger, which is half the 
difference between the temperatures of hot gas and cold thermostat. This is the main conclusion that allows 
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the optimal design of the thermoelectric generator for the car. Based on the exhaust gas temperatures for 
different types of engines, it is possible to estimate the temperature of the thermoelectric converter. After 
analyzing the average exhaust temperatures for petrol and diesel engines, it was concluded that the most 
acceptable temperature for a petrol engine on the hot side of the thermoelectric module is only 300-350 ° 
C, and for a diesel engine as low as 200-250 °C. 

Such results are understandable, since they are a consequence of two competing factors, namely an 
improvement in the efficiency of modules with a rise in the hot temperature and a decrease in efficiency 
with an increase in the thermal power passing through the TEG due to a drop in the hot temperature. 

The obtained results refute the generally accepted opinion that high-temperature materials should be 
used in automotive thermoelectric generators, and also limit the list of currently known materials suitable 
for use in automotive thermoelectric generators. 

The next important step is to analyze sectional generators. In this model, the sections sequentially 
collect heat from the exhaust gas. The sections are optimized for temperature conditions and the specific 
materials used in the sections. The following important information was obtained from the analysis of such 
a model: it is reasonable to use no more than three sections; the use of sections can increase the efficiency 
of TEG by a factor of 1.3 - 1.4. Therefore, the use of sections should be the subject of analysis in each 
specific case, since a sectional generator is much more complex in design, and, accordingly,  
more expensive. 

The above results refer to the steady-state mode of TEG operation, when the exhaust gas is stable in 
temperature and thermal power. In fact, in cars in real operating modes, these conditions are not met. 
Another important result obtained at the Institute of Thermoelectricity is the analysis of the TEG operation 
in the transient oprerating modes. Computer simulation of real thermal conditions shows that the average 
power of the generators is approximately 4 times lower in relation to the maximum. 

Conclusions 
1. The design of automotive thermoelectric generators is in most cases empirical. Design is based on 

sorting out various options  of the model components in order to find the best one. However, such 
approaches do not reveal the general regularities that describe the TEG, reducing the possibility of 
finding optimal constructions. 

2. All theoretical models for calculating the power of TEGs for vehicles give an error of about 30-40%, 
which forces us to look for new approaches to the design of such TEGs. 

3. The unit cost of TEG for vehicles is still high. Hope for their implementation remains only if they are 
significantly reduced in price. 

4. A comprehensive approach to the design of a thermoelectric generator is needed, which will take into 
account the interaction of the TEG and the internal combustion engine. 
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ТЕОРІЯ ТА ПРОЕКТУВАННЯ ТЕРМОЕЛЕКТРИЧНИХ  
ГЕНЕРАТОРІВ, ЩО ВИКОРИСТОВУЮТЬ ВІДХОДИ ТЕПЛА  

НА ТРАНСПОРТНИХ ЗАСОБАХ 

У роботі наводяться результати аналізу теоретичних робіт, що стосуються використання 
термоелектричних генераторів для транспортних засобів з метою отримання додаткової 
електричної енергії і, відповідно, економії палива. Розглянуто тенденції розвитку і сучасний стан 
розробки таких генераторів. Бібл. 21. 
Ключові слова: термоелектричний генератор, двигун внутрішнього згорання, утилізація тепла. 
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ТЕОРИЯ И ПРОЕКТИРОВАНИЕ ТЕРМОЭЛЕКТРИЧЕСКИХ  
ГЕНЕРАТОРОВ, ИСПОЛЬЗУЮЩИХ ОТХОДЫ ТЕПЛА  

НА ТРАНСПОРТНЫХ СРЕДСТВАХ 

В работе приводятся результаты анализа теоретических работ, касающихся использования 
термоэлектрических генераторов для транспортных средств с целью получения дополнительной 
электрической энергии и, соответственно, экономии топлива. Рассмотрены тенденции развития и 
современное состояние разработки таких генераторов. Библ. 21. 
Ключевые слова: термоэлектрический генератор, двигатель внутреннего сгорания, утилизация 
тепла.  
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 ELECTRONIC PHASE TRANSITIONS IN THIN Bi1-XSbX FILMS 

The purpose of the present work is to study the concentration dependences of thermoelectric (TE) and 
galvanomagnetic properties of thin Bi1-xSbx films in the range x = 0 – 0.25. The thin films with 
thicknesses d = (250 ± 10) nm were prepared by thermal evaporation in vacuum of Bi1-xSbx polycrystals 
onto (111) mica substrates and the transport properties (the electrical conductivity, Seebeck coefficient, 
Hall coefficient, electronic and hole mobility, magnetoresistance) of the films were measured at room 
temperature. It was established that all anomalies in the concentration dependences of the properties, 
observed earlier in the Bi1-xSbx bulk crystals and attributed to electronic phase transitions, were 
reproduced in thin films. The data obtained represent another evidence of the existence of the 
concentration peculiarities in the transport properties of Bi1-xSbx solid solutions, indicate a good 
correspondence between the compositions of Bi1-xSbx initial polycrystals and those of the thin films, and 
should be taken into account when interpreting the results of studies and predicting properties of Bi1-

xSbx crystals and thin films. Bibl. 21. Fig. 4. 
Key words: Bi1-xSbx, solid solution, thin film, concentration, phase transition, thermoelectric 
properties, galvanomagnetic properties 

Introduction 
 Bi1-xSbx solid solutions have attracted much attention as promising n-type low-temperature 
thermoelectric (TE) materials for refrigeration devices at temperatures below ~ 200 K [1-3]. Besides, these 
materials are among the physical objects whose unique properties continue to be revealed more and more 
every year, surprising us with the manifestation of new physical effects. Recently, interest in studying  
Bi1-xSbx crystals and thin films has sharply increased after it was established that they exhibit properties of 
3D-topological insulators [4,5] in which a strong spin-orbit interaction leads to the appearance of 
topologically protected metallic surface states with a Dirac dispersion law. However, by now, the 
simultaneous coexistence of the topological and good TE properties, which is also observed for other 
promising TE materials (е.g. V2VI3 compounds), has not found an unambiguous explanation, but in recent 
years several works have appeared, related to possible effects of topological surface states  on  controlling TE 
properties of Bi1-xSbx crystals and thin films [6, 7].  
 Due to the structural and electrochemical similarities of Bi and Sb semimetals, these elements form a 
continuous series of Bi1-xSbx solid solutions [8], which makes it possible to study in detail the effect of the 
composition on the crystal structure, band structure and physical properties. It is known that although  
Bi1-xSbx solid solutions have a rhombohedral crystal structure in the entire concentration range, the band 
structure changes in a non-monotonic way [9-12] (Fig. 1). In the valence band of pure Bi, there are subbands 
of “light” (Lα) and “heavy” (T) holes and, as a result of the overlap of the hole T and electron Ls bands, Bi 
exhibits semimetallic properties. With an increase in the Sb concentration, the distance between the 
conduction band Ls and the subband Lα decreases and at x = 0.023 - 0.04 (different authors indicate different 
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values of this concentration) a gapless state is observed, the Ls and Lα bands invert. With a further increase in 
x, the gap between them increases again. Simultaneously with an increase in x, the overlap of T and Ls bands 
decreases, disappearing at x = 0.06 ÷ 0.07, and a semimetal – indirect semiconductor transition occurs. Then, 
at x = 0.08 ÷ 0.09, the ceilings of T and Ls of the valence bands converge, and in the concentration range 
x = 0.09 - 0.15 the semiconductor becomes direct-gap. The maximum value of the energy gap in the 
semiconductor region (Eg ~ 0.025 eV) is reached near x = 0.15 ÷ 0.17. With a subsequent increase in x, at 
x ~ 0.15, the semiconductor becomes indirect-gap again and at x > 0.22, Bi1-xSbx solid solutions acquire 
semimetal properties. Thus, the Bi1-xSbx system is characterized by a number of electronic phase transitions, 
the presence of which should be reflected at the concentration dependences of properties.  
 

 
Fig. 1. Electronic band structure of the Bi1-xSbx solid solutions 

Although the majority of studies on the fundamental properties of Bi1-xSbx solid solutions were 
carried out using single crystals, at present, an increasing number of works are devoted to the study of 
polycrystals [13-16]. This is due to both the great simplicity and cost-effectiveness of manufacturing 
polycrystalline materials and the convenience of manufacturing TE devices of various types from them. It 
was found that the nature of the concentration and temperature dependences of the TE properties of 
polycrystals and Bi1-xSbx single crystals is basically the same, although the grain size has a significant effect 
on the properties of polycrystals. 

Earlier, we revealed a nonmonotonic behavior of the concentration dependences of TE properties in 
polycrystalline Bi1-xSbx solid solutions in the vicinity of x = 0.01, 0.03, 0.07, 0.08, 0.15, 0.22 [17 – 25] and 
attributed the concentration anomalies of properties in the vicinity of x = 0.01 to percolation effects in the 
impurity subsystem of crystal, and other anomalies to corresponding electronic phase transitions (to a 
gapless state, semimetal - semiconductor, indirect – direct-band-gap semiconductor). 

Currently, in connection with the development of nanotechnology, low-dimensional structures (thin 
films, quantum wires, quantum dots) are widely used in various fields of science and technology, including 
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thermoelectricity. The possibility of enhancing the dimensionless TE figure of merit (ZT = (S2÷T)/λ, where 
S is the Seebeck coefficient, λ  is electrical conductivity, λ is total thermal conductivity, and T is absolute 
temperature) in low-dimensional structures [26] have stimulated studies of Bi1-xSbx thin-film structures. In 
particular, it was of interest to find out whether the revealed concentration anomalies would be observed in 
the thin films obtained from the bulk crystals. When studying thin Bi1-xSbx films in the range x = 0 – 0.09, 
we have showed [27] that concentration anomalies of properties are also reproduced in the thin films. It 
was interesting to expand the range of compositions under study, taking into account that the highest Z 
values are observed in the concentration range x = 0.12-0.15 [1 – 3]. In addition, it was of interest to find 
out whether technological factors or measurement conditions influence the fact of the presence of 
anomalies or the nature of their manifestation. 

The objects of the present study were the Bi1-xSbx thin films with thicknesses d = (250 ± 10) nm 
prepared by thermal evaporation in vacuum onto mica substrates at Тs = 380 K of Bi1-xSbx polycrystals in 
the composition range x = 0 – 0.25.  

As a result of the conducted studies, it was found that in the dependences of TE and 
galvanomagnetic properties on composition of thin Bi1-хSbх films in the range x = 0 - 0.25, concentration 
anomalies were found as well as in Bi1-хSbх polycrystals, and that changes in the polycrystal preparation 
technology and in the magnetic field value in which the galvanomagnetic  properties are measured, do not 
change the general character of the dependences of the TE and galvanomagnetic properties on the 
composition. 

Experimental details 
The Bi1-xSbx thin films with the thicknesses d = (250 ± 10) nm were obtained by the thermal 

evaporation of Bi1-xSbx polycrystals (x = 0 – 0.25) in a vacuum (~ 10-6 Pa) from a single source and their 
deposition onto (111) mica substrates at a temperature ТS = 380 K with a rate of 0.1 – 0.3 nm/s. Fabrication 
technique of the polycrystalline Bi1-xSbx samples of various compositions (x = 0 - 0.25) for the thin films 
obtaining is described in  [27]. The only difference was that in the present work we used samples that were 
annealed for 720 hours after synthesis, and the samples used to obtain films in the work [27] were annealed 
for 1200 hours. 

The film thicknesses and the condensation rate were controlled using a calibrated quartz resonator. 
The crystal structures and phase composition of the initial materials and thin films were characterized by 
the X-ray diffraction method. In the X-ray diffraction patterns for thin films similarly to the initial bulk 
crystals, only Bi1-xSbx lines were seen. The obtained Bi1-xSbx films had a mosaic structure with a trigonal 
axis perpendicular to the film surface. Using X-ray photoelectronic spectroscopy and microprobe analysis, 
it was shown that the film composition corresponded to the initial material composition with an accuracy 
(Δx) not worse than Δx = ± 0.002.  

The measurements of the transport properties were carried out at room temperature on as-prepared 
films. The electrical conductivity σ, the Hall coefficient RH and magnetoresistance Δρ/ρ were measured by 
a conventional dc method on bulk parallelepiped-shaped samples and double Hall-cross shaped thin films. 
Ohmic contacts were prepared by soldering indium to the bulk or film surfaces. The used value of the 
magnetic field (B = 0.05 T) corresponded to a weak magnetic field in contrast to work [27], where a 
magnetic field equal to B = 0.9 T was used, which corresponded to the region of a strong magnetic field. It 
is known that in the weak magnetic field, RH value does not depend on B and Δρ/ρ increases of quadratic 
function. The error in the RH, σ and Δρ/ρ measurements did not exceed ±5 %. The Seebeck coefficient S 
was measured relative to Cu with an accuracy of ±3 %. The component of the TE power perpendicular to 
the trigonal axis was measured. The calculation of the Hall mobilities of electrons μn and holes μp was 
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carried out taking into account two types of charge carriers and assuming that n = p (which is observed 
with a high degree of accuracy in Bi1-xSbx solid solutions) according to the equations: 

( ) 2

μ μ1 ρσ μ μ ; ; μ μ
μ μ ρ

n p
n p H n p

n p

en R
en B

− Δ
= + = =

+
     (1) 

Since the mobility of electrons μn exceeds the mobility of holes μp, the sign of RH for Bi 
and Bi1-xSbx solid solutions is determined by the mobility of electrons. This explains the resulting 
negative sign of RH and S in bulk crystals. From the results of measuring σ, RH, Δρ/ρ, and S values 
and taking into account the value of B, the values of n = p, μn, μp and TE power factor P(x) = S2 σ 
were calculated. 

Results 
In Figs 2-4, the concentration dependences RH (х), S(x), Δρ/ρ(х), μn (x), μp (x), and P(x) are presented 

for the Bi1-xSbx bulk crystals and thin films. It can be seen that all dependences exhibit a distinctly non-
monotonic oscillatory behavior. 

According to the measurement of S, all obtained thin films, like the initial polycrystals, had an 
electronic type of conductivity. From the Fig. 2 (a) it can be seen that S(x) dependences for bulk 
polycrystals and thin films are very similar. The addition of Sb atoms to bismuth to x ~ 0.10 leads to a 
significant increase in S, due to the reduction of the overlap of T and Ls bands and the formation of a 
semiconductor region (Fig. 1).  
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Fig. 2. Room-temperature dependences of the Seebeck coefficient S (a) and the Hall  
coefficient RH (b) on the composition x of the Bi1-xSbx polycrystals (1) and thin films (2). 

Solid lines are guides to the eye. 
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Fig. 3. Room-temperature dependences of the electron μn (a) and hole μp (b) 
 mobilities on composition x of the Bi1-xSbx polycrystals (1) and thin films (2). 

 Solid lines are guides to the eye. 
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Fig. 4. Room-temperature dependences of magnetoresistance Δρ/ρ and thermoelectric  
power factor P = S2 σ on composition x of the Bi1-xSbx polycrystals (1) and thin films (2). 

 Solid lines are guides to the eye. 
After that, S decreases. However, we are talking only about the general trend of S change in the 

range x = 0 - 0.25. Meanwhile, the S(x) dependence for both bulk crystals and thin films exhibit several 
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peaks or inflections near the compositions х = 0.01, 0.02, 0.05, 0.12, and 0.18 which we attributed  
[17 – 25] to a percolation and electronic phase transitions.  

In accordance with the RH measurements, all the initial polycrystals also had an electronic type of 
conductivity. In the RH (х) dependence for polycrystals (Fig. 2,b), in addition to the indicated anomalies in 
S(x) dependence (Fig. 2,a), we were able at x ~ 0.08 to reveal the peak associated with an indirect-gap - a 
direct-gap semiconductor transition, when the T-band top coincides with the Ls-band top [24, 25]. In S(x) 
dependence, in contrast to dependence RH (х), there is one diffuse anomalous section in the range 
x = 0.05 – 0.08 (Fig. 2a). 

The dependence RH (х) for thin films (Fig. 2,b) turned out to be more complex: RH (х) curve had a 
number of features connected with the change of conductivity type. Bi had p-type conductivity (RH > 0) but 
introduction of the first portions of Sb (to x ~ 0.007) led to inversion sign of conductivity (p → n). Then, at 
x ~ 0.01, the conductivity type changed again (n → p) and followed by a new change in the sign of the 
conductivity at x~ 0.02 (p → n). After that, with a further increase in x, the RH sign for all films was 
negative (RH < 0), as for bulk crystals. The reason for the difference between the RH and S signs may be as 
follows. According to [28], in Bi monocrystals, RH has a positive sign only along the direction of the 
trigonal axis, and in the perpendicular directions, the sign changes to a negative one. Unlike RH, the 
coefficient S in any crystallographic directions remains negative. Bi1-xSbx films were grown along the 
direction of the trigonal axis [001], which was perpendicular to the plane of the substrate. That is why a 
positive RH sign and a negative S sign were observed for Bi films what we showed in our work [29].  The 
introduction of Sb leads to an elastic distortions of crystal lattice, and with increasing x, orientation along 
the trigonal axis [001] becomes less and less perfect, and at a certain concentration of Sb, orientation 
practically disappears. A convincing fact confirming this assumption is the negative RH sign observed by 
the authors of [30] in polycrystalline Bi films in which there is no anisotropy of properties. 

Let us point out the following circumstance. As noted above, it was previously assumed [17 – 25] 
that in the range x=0.005-0.01, there is a percolation transition from an impurity discontinuum to an 
impurity continuum, which is with a high degree of probability is accompanied by ordering processes [31]. 
These processes can stimulate the formation of a more perfect oriented structure and determine inversion of 
conductivity type (n → p). A subsequent increase in Sb concentration makes again the structure less perfect 
and leads to the inversion of the conductivity sign (p → n). Approach to transition to a gapless state leads 
to a decrease in RH but it no longer causes an inversion of the conduction type (n → p) since a significant 
number of impurity atoms makes the oriented structure even more imperfect. Thus, the alternating change 
in the RH sign reflects in some way the change in the degree of structure perfection (degree of orientation), 
which, in turn, is associated with the presence of phase transitions. In a sense, a conductivity type can be 
used to estimate the degree of anisotropy in the film structure. This, of course, only applies to the case if 
the type of conductivity depends on the direction in the crystal. 

Let us note that in the work [27] in which the Bi1-xSbx films were studied only in the concentration 
range x = 0 – 0.1, no change in the sign of RH was observed at the percolation transition near x = 0.01. 
Perhaps this was due to the fact that the RH measurements were carried out in a strong magnetic field 
(B = 0.9 T), and not in a weak magnetic field (B = 0.05 T), as in the present work. 

A change in the RH sign in films depending on x complicates the comparison of the RH(x) 
dependences for bulk and film samples. However, it can be seen (Fig. 2b) that despite the alternating 
change of RH sign in the range х = 0 – 0.02, the character of the RH(х) dependence remains the same as for 
bulk crystals, having extrema corresponding to the phase transitions of the above types, if we take the RH 
value of Bi as the reference point. In other words, a change in RH sign does not prevent observation of the 
concentration anomalies.  
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The calculation of the μn and μp values using equation (1) showed that the dependences μn(х) and 
μp (х) have also a pronounced nonmonotonic character (Fig. 3). There are several clear maxima at x ~ 0.01, 
~ 0.03, ~ 0.06, ~ 0.08, ~ 0.14 and ~ 0.18. These concentrations correspond to the characteristic 
compositions (Fig. 1) at which there are qualitative changes in the Bi1-xSbx band energy structure. It should 
be noted that, in these dependences, as well as in the RH (x) dependence, two maxima can be distinguished, 
corresponding to the semimetal – indirect-gap semiconductor transition and indirect-gap semiconductor - 
direct-gap semiconductor (x ~ 0.06 and x ~ 0.08, respectively). The dependence Δρ/ρ (x) (Fig. 4a) actually 
repeats the character of the dependences μn(х) and μp (х).  

It was shown theoretically [32] that the Bi1-xSbx band structure depends not only on the composition 
and thickness of the film, but also on the orientation of the film on the substrate. Therefore, it can be 
expected that at low Sb concentrations, when the degree of anisotropy in the film is sufficiently high, the 
extrema on the concentration dependences of the properties of the films can be shifted relative to these 
positions in the crystal. Some shift of the maxima on the dependences Δρ/ρ (x), μn(х) and μp (х) for bulk 
crystals and films in the range of compositions x = 0 - 0.1 is related, apparently, to this circumstance. 

In Fig. 4,b, the concentration dependences of TE power factor P = S2 σ for bulk crystals and thin 
films are presented. The lower values of P in thin films compared to bulk crystals can be explained by 
lower values of electrical conductivity in thin films, since the values of the Seebeck coefficient, are 
practically the same in crystals and films (Fig. 2a). Fig. 4 shows that the P(x) dependence, as well as the 
dependences on the composition for all other kinetic coefficients of crystals and films, has a distinctly 
nonmonotonic character. The compositions at which the maximum values of P are observed, are different 
for crystals and thin films (at x ~ 0.03 and x ~ 0.06, respectively). however, these data correspond to 300 K, 
while the highest values of TE figure of merit correspond to temperatures below 200 K [1 – 3]. Therefore, 
our immediate task is to obtain the temperature dependences of the kinetic coefficients of thin  
Bi1-xSbx films. 

Thus, we can conclude that the concentration anomalies of TE and galvanomagnetic properties 
observed for Bi1-xSbx polycrystals and attributed [17 – 25] to critical phenomena accompanying phase 
transitions, are reproduced in the thin films obtained from these crystals. A change in the technology for 
preparing initial bulk crystals (the reduction in the annealing time of bulk from 1200 to 720 hours) does not 
change the behavior of the concentration dependences of kinetic coefficient of bulk crystals and thin films 
qualitatively. The nature of the magnetic field (strong or weak) in which the galvanomagnetic properties 
are measured does not change the general character of the dependences of the properties on the 
composition and the presence of anomalies, but only affects the value of RH  and Δρ/ρ. 

However, it should be noted that this is observed in sufficiently "thick" films (d = 250 ± 10 nm), 
when quantum size effects (e.g, the oscillating nature of the d - dependences of properties) are practically 
not manifested. The transition to very thin films and manifestation of these effects can significantly change 
the physical picture. However, in a number of cases, thin-film TE energy converters are used with layer 
thicknesses when size quantum effects do not manifest themselves. 

Conclusions 

1. It was established that the concentration anomalies of TE and galvanomagnetic properties  associated  
with the manifestation of critical phenomena accompanying percolation and electronic phase transitions 
observed in Bi1-xSbx polycrystals in the composition range x = 0 – 0.25, are largely reproducible in thin  
Bi1-xSbx films with thicknesses d = (250 ± 10) nm obtained from these crystals by thermal evaporation in 
vacuum on mica substrates. 

2. A change in the magnetic field value used in the measurement of RH and magnetoresistance, a change in 
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the technology of polycrystals of which the films were made (a decrease in the annealing time from 1200 
to 720 hours) do not affect the fact of the presence of concentration anomalies of properties both in 
polycrystals and in thin films.  

3. The alternation of the RH sign in the range x = 0 – 0.02 with changing the composition under a 
constancy of sign of the Seebeck coefficient in Bi1-xSbx thin films was found. The sign of the RH in a film 
depends on the degree of film anisotropy, which, in turn, depends on the presence of a phase transition. 
A change in the RH sign with a changing the composition is not an obstacle to the detection of anomalies 
in the concentration dependences of properties.  

4. The results obtained is one more confirmation of the fact of the presence of percolation and electronic 
phase transitions in the Bi1-xSbx solid solutions which manifest themselves in critical phenomena 
observed not only in crystals, but also in films. 

5. Good agreement of the critical compositions in the concentration dependences of the properties of the 
 Bi1-xSbx crystals and thin films, indicates good reproducibility of the compositions of polycrystals in thin 
films obtained from these polycrystals. 

6. The existence of the concentration anomalies of TE and galvanomagnetic properties in Bi1-xSbx bulk and 
thin film states should be taken into account when interpreting the results of studies, predicting TE 
properties, and using the Bi1-xSbx polycrystals and thin films in TE devices. 
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ЕЛЕКТРОННІ ФАЗОВІ ПЕРЕХОДИ У ТОНКИХ  
ПЛІВКАХ Bi1-XSbX 

Метою даної роботи було вивчення концентраційних залежностей ТЕ та гальваномагнітних 
властивостей тонких плівок Bi1-xSbx в інтервалі x = 0 – 0.25. Тонкі плівки Bi1-xSbx товщиною 
d = (250 ± 10) нм були виготовлені термічним випаровуванням у вакуумі  кристалів Bi1-xSbx на 
(111) слюдяні підкладки, а транспортні  властивості (електропровідність, коефіцієнт 
Зеєбека, коефіцієнт Холла, рухливість електронів і дірок, магнетоопір) плівок вимірювались 
за кімнатної температури. Було встановлено, що всі аномалії на концентраційних 
залежностях властивостей, що спостерігалися раніше в масивних кристалах Bi1-xSbx і 
пов’язувалися із електронними фазовими переходами, відтворювались у тонких плівках. 
Отримані дані, з одного боку,– це ще один доказ існування концентраційних особливостей у 
транспортних властивостях твердих розчинів Bi1-xSbx, а, з другого боку, ці дані вказують на 
добру відповідність складів вихідних кристалів складам тонких плівок. Одержані 
результати слід враховувати при інтерпретації результатів досліджень та прогнозуванні 
властивостей кристалів і тонких плівок Bi1-xSbx. Бібл. 21, рис. 4. 
Ключові слова: Bi1-xSbx, твердий розчин, тонка плівка; концентрація, фазовий перехід, 
термоелектричні властивості, гальваномагнітні властивості. 
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ЭЛЕКТРОННЫЕ ФАЗОВЫХ ПЕРЕХОДОВ  
В ТОНКИХ ПЛЕНКАХ Bi1-xSbx 

Целью данной работы было изучение концентрационных зависимостей ТО и 
гальваномагнитных свойств тонких пленок Bi1-xSbx в интервале x = 0 - 0.25. Тонкие пленки Bi1-
xSbx толщиной d = (250 ± 10) нм были изготовлены термическим испарением в вакууме 
кристаллов Bi1-xSbx на (111) слюдяные подложки, а транспортные свойства 
(электропроводность, коэффициент Зеебека, коэффициент Холла, подвижность электронов и 
дырок, магнитное)пленок измерялись при комнатной температуре. Было установлено, что все 
аномалии на концентрационных зависимостях свойств, которые наблюдались ранее в 
массивных кристаллах Bi1-xSbx и связаны с электронными фазовыми переходами, 
воспроизводились в тонких пленках. Полученные данные, с одной стороны, - это еще одно 
доказательство существования концентрационных особенностей в транспортных свойствах 
твердых растворов Bi1-xSbx, а с другой стороны, эти данные указывают на хорошую 
соответствие складов выходных кристаллов составам тонких пленок. Полученные результаты 
следует учитывать при интерпретации результатов исследований и прогнозировании свойств 
кристаллов и тонких пленок Bi1-xSbx. Библ. 21, рис. 4. 
Ключевые слова: Bi1-xSbx, твердый раствор тонкая пленка; концентрация; фазовый переход; 
термоэлектрические свойства; гальваномагнитные свойства 
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GYROTROPIC THERMOELEMENT IN UNIFORM AND  
NON-UNIFORM MAGNETIC FIELDS 

Using computer simulation, the temperature distributions in the working medium of gyrotropic 
thermoelements in uniform and non-uniform magnetic fields have been determined. Temperature 
dependences of the efficiency of gyrotropic thermoelements in uniform and non-uniform magnetic fields 
are determined. It has been established that the efficiency of generator gyrotropic thermoelements is 
higher in a non-uniform magnetic field than that in a uniform field. Bibl. 19, Fig. 3. 
Key words: Nernst-Ettingshausen coefficient, gyrotropic thermoelement, non-uniform magnetic field, 
thermoelectric material, thermomagnetic figure of merit, efficiency. 

Introduction 

Nowadays, one of the promising areas of thermoelectric progress is the development of new types 
of thermoelements, including gyrotropic, and a more detailed study of those already known. In recent 
years, a number of works on gyrotropic thermoelements in constant magnetic fields have been published 
[1 – 18], and some parameters of these thermoelements in non-uniform magnetic fields have also been 
considered [7]. The gyrotropic thermoelements whose efficiency increases due to the excitation of eddy 
thermoelectric currents in a gyrotropic thermoelectric medium, make it possible to obtain elevated 
thermoelectric voltages and differ from the known multifunctionality; they are promising for use in special 
thermal generators , as well as in measuring equipment. However, these opportunities are used but little, so 
their development will increase the element base of thermoelectricity, improve the competitiveness of both 
thermoelectric converters and gyrotropic thermoelements, and allow developing more advanced 
thermoelectric products based on them, and improving their quality and reliability. 

Therefore, the topicality of the work lies in the need for further study of gyrotropic thermoelements 
in uniform and non-uniform magnetic fields, to increase their efficiency and reliability and to create 
thermoelectric energy converters with improved characteristics. 

The objective of this work is to evaluate the efficiency of gyrotropic thermoelements in uniform 
and non-uniform magnetic fields in the mode of electric energy generation. 

Mathematical Model 
To study the parameters of gyrotropic thermoelements, it is necessary to solve the following 
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equation of thermal conductivity with the corresponding boundary conditions:  

2
0 2 0а y x

T TT j j j
x y

⎛ ⎞∂ ∂
κΔ +ρ + α − =⎜ ⎟∂ ∂⎝ ⎠

,     (1) 

where T is the temperature; κ  is the thermal conductivity of gyrotropic medium; 0ρ  is the electrical 

resistivity; x, y are the coordinates; , ,x yj j j are the modulus and projections of the electric current density 

vector; Q B⊥ ⊥α =  is the asymmetric part of the thermoEMF tensor; Q⊥  is transverse Nernst-Ettingshausen 

coefficient; B  is magnetic field induction. 

0

0

0
0

0 0

а

а

⊥

α α⎛ ⎞
⎜ ⎟α = α α⎜ ⎟
⎜ ⎟α⎝ ⎠

− ,       (2) 

Where 0α , α⊥  are the diagonal components of the thermoEMF tensor. 
To obtain eddy currents, it is advisable to consider spiral thermocouples. Considering the axial 

symmetry, (1) we have 

( )
2

φ
φ

1 2α 0
κσ κ а

j TT j r
r

∂
Δ + + =

∂
,    (3) 

where σ  is the electrical conductivity, φ  is the angle, r  is the radius, φj  is the - angular component of 

current density, which is determined by the expression  

( ) ( )φ σ dTj Q r B r
dr⊥= .     (4) 

Whereas thermoEMF is set by the expression  

( ) ( )2 dTE rQ r B r
dr⊥= π .     (5) 

The thermomagnetic figure of merit of the gyrotropic material  

2 2( ) ( )( )
κρQ

Q r B rZ r ⊥= .      (6) 

Non-uniformity can be obtained by changing the magnetic field B  in a homogeneous gyrotropic 
medium, or by creating an anisotropy of the Nernst-Ettingshausen coefficient Q⊥  in the ring at a constant 
magnetic field B . Let us consider the case when the magnetic field B in the ring changes along the radius 
of the ring, at a constant Nernst-Ettingshausen coefficient Q⊥ . 

To solve (3) taking into account (4) and (5) and considering the boundary conditions, we obtain the 
expression for the efficiency of a spiral gyrotropic thermoelement in a non-uniform magnetic field 
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were      
2 2 ( )
κρQ

Q B rZ ⊥= .                   (8) 

Using (6), (7) one can calculate the efficiency of the gyrotropic spiral thermoelement in a non-
uniform magnetic field.  

Computer simulation results 
Comsol Multiphysics software package was used to build a computer model of a spiral-shaped 

gyrotropic thermocouple [19]. The calculation of temperature distributions in the gyrotropic thermocouple 
was carried out by the finite element method. Using computer simulations, the temperature distributions for 
the InSb material in the temperature range 300 - 700 K and the magnetic field with induction B = 1 T were 
determined. 

Fig.1 shows the temperature dependences of the figure of merit for thermoelectric materials InSb, 
InAs and Bi2Te3. It is seen that the best material for the manufacture of generator gyrotropic 
thermocouples is InSb, which is consistent with the experimental results presented in [1]. 

 

Fig. 1. Temperature dependences of the figure of merit  
of thermoelectric materials  for gyrotropic thermoelements   

(1 – InSb, 2 – InAs, 3 – Bi2Te3). 

Fig. 2 shows 3D mesh models of the finite element method (a) and temperature distribution (b) in a 
spiral gyrotropic thermoelement. 
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а) 

 
b) 

Fig. 2. 3D mesh models of the finite element method (a) and temperature  
distribution (b) in a gyrotropic spiral thermoelement. 

According to the calculations, the dependences of efficiency on the hot side temperature temperature 
of thermoelement T2 at the constant cold side T1 = 300 K for InSb are constructed (Fig. 3). 

 

 

Fig. 3. Temperature dependence of the efficiency for  
cylinder-shaped gyrotropic  thermoelement  (1 – InSb, 2 – InAs). 
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The figure shows that the use of non-uniform magnetic fields in spiral thermoelements is more 

efficient. And spiral thermoelements, whose work is based on the excitation of eddy thermoelectric 
currents in a homogeneous gyrotropic thermoelectric medium, allow obtaining high thermoelectric voltages 
and differ from the known ones by multifunctionality, being promising for use both in special thermal 
generators and in measuring equipment. Studies of gyrotropic thermoelements of rectangular and optimal 
shapes have also shown efficiency increase in the case of using a non-uniform magnetic field. 

Conclusions 
1. The parameters of thermoelectric materials (InSb, InAs and Bi2Te3) for gyrotropic thermoelements are 

compared. It is established that the best material for the manufacture of generator gyrotropic 
thermoelements is InSb, the average value of the figure of merit of which in the temperature range 400 
- 700 K is approximately 4·10-4 K-1. 

2. Using computer simulations, the temperature distributions in the working fluid of a spiral-shaped 
gyrotropic thermoelement for InSb and InAs thermoelectric material were determined. 

3. Temperature dependences of the efficiency are determined. It is established that the maximum 
efficiency value of spiral-shaped gyrotropic thermoelement for material InSb in the range of 
temperatures 300 - 700 K and magnetic induction of 1 T makes 2.75%. 
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ГІРОТРОПНІ ТЕРМОЕЛЕМЕНТИ В ОДНОРІДНОМУ 
ТА НЕОДНОРІДНОМУ МАГНІТНИХ ПОЛЯХ 

За допомогою комп’ютерного моделювання визначено розподіли температур у 
робочому тілі гіротропних термоелементів в однорідному та неоднорідному 
магнітних полях. Визначено температурні залежності ККД гіротропних 
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термоелементів в однорідному та неоднорідному магнітних полях. Встановлено, що 
ККД генераторних гіротропних термоелементів більше в неоднорідному магнітному 
полі ніж в однорідному полі. Бібл. 19, рис. 3. 

Ключові слова: коефіцієнт Нернста-Еттінгсгаузена, гіротропний термоелемент, 
неоднорідне магнітне поле, термоелектричний матеріал, термомагнітна добротність, 
ККД. 
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ГИРОТРОПНОГО ТЕРМОЭЛЕМЕНТ В ОДНОРИДНОМУ 
ТА НЕОДНОРОДНОМ МАГНИТНОМ ПОЛЯХ 

С помощью компьютерного моделирования определены распределения температур в рабочем 
теле гиротропных термоэлементов в однородном и неоднородном магнитном поле. Определены 
температурные зависимости КПД гиротропных термоэлементов в однородном и 
неоднородном магнитном поле. Установлено, что КПД генераторных гиротропных 
термоэлементов больше в неоднородном магнитном поле чем в однородном поле. 
Библ. 19, рис. 3. 
Ключевые слова: коэффициент Нернста-Эттингсгаузена, гиротропный термоэлемент, 
неоднородное магнитное поле, термоэлектрический материал, термомагнитная добротность, 
КПД.. 
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CHALLENGES OF TEMPERATURE MEASUREMENT DURING  
THE FRICTION STIR WELDING PROCESS 

The exact determination of the process zone temperature can be considered as an increasingly 
important role in the control and monitoring of the friction stir welding process (FSW). At present, 
temperature measurement is carried out with the aid of a temperature sensor integrated into the tool 
(usually thermocouples). Since these cannot be attached directly to the joining area, heat dissipation 
within the tool and to the environment cause measurement deviations as well as a time delay in the 
temperature measurement. The article describes a process and the challenges that arise in this process, 
how a direct temperature measurement during the process can be achieved by exploiting the 
thermoelectric effect between tool and workpiece, without changing the tool by introducing additional 
temperature sensors. Bibl. 12, Fig. 7. 
Keyword: friction stir welding, direct temperature measurement, Seebeck-effect, measurement errors 

Вступ 
Friction Stir Welding (FSW) was developed and patented by Wayne Thomas at TWI (The 

Welding Institute) in Great Britain in 1991. It is assigned to the group of solid-state welding processes. 
In contrast to friction welding, the operating principle in FSW is not based on a relative movement of 
the workpieces, but by means of a wear-resistant rotating tool. One of the most relevant process 
variables is the axial force between the tool and the component. This force acts or- thogonally to the 
welding direction and causes the tool to be completely immersed in and to remain in the joining area. 
This welding process is characterized by comparatively low joining temperatures below the melting 
temperature and excellent mechanical weld seam properties in comparison to conventional welding 
processes, such as arc and laser welding [1]. Friction stir welding is used in aerospace, shipbuilding, 
medical technology, and automotive engineering. However, the challenges for possible direct 
temperature measurement, based on the Seebeck effect, are the spindle speeds of the welding tool and 
the forces acting in the process. Thus, high demands on the design of the measuring device and the 
permanent transmission of the electrical voltage are necessary [2]. 

The measurement of the joining zone temperature during the process is an increasingly 
quantifiable indicator, as it al- lows conclusions to be drawn about the heat input and thus the 
thermomechanical stress on the microstructure [2 – 4]. Temperatures are currently measured by 
thermography or thermocouples, which are integrated into the welding tool [5]. However, the latter 
method is very costly and inaccurate, as the thermocouple does not contact the friction point be- tween 
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the shoulder of the tool and the workpiece. In addition, various publications have described that the 
thermocou- ples were either destroyed or changed in their position during the welding process so that 
an exact temperature meas- urement was not possible [3]. Measurement deviations and time delays can 
occur due to heat conduction in the tool or the heat transfer to the environment. An alternative to 
inserting thermocouples in the tool is the Tool-Workpiece- Thermocouple method (TWT method), in 
which the occurring electrical thermoelectric voltage between tool and work- piece can be measured 
and then converted into a temperature value. However, this method places high demands on the used 
measuring circuits and the experimental determination of the various influencing parameters, as these 
have a deci- sive influence on the uncertainty of the measured temperature. In the following, the 
application of this method is de- scribed using the example of a robotized friction stir welding system 
and the results achieved are presented and dis-cussed. 

Fundamentals of temperature measurement with thermocouples 
If there is a temperature difference T = T1 - T2 at the ends of a metallic conductor (T1 > T2), the 

electrons at the warm end are of higher thermal energy than the electrons at the cold end. As a result, 
the electron diffusion, which is the rea- son for the occurrence of a potential difference E along the 
conductor. 

dU dTЕ dx
dT dx

= ⋅ ⋅∫       (1) 

The quotient dU/dT, describing the occurring differential thermoelectric voltage U along the 
conductor as a function of the temperature difference, is material-dependent and referred to as the 
Seebeck coefficient S(T) of the material. 

The absolute thermoelectric emf of the conductor cannot be measured directly, but only in 
relation to the absolute thermoelectric emf of a conductor made of another material. This can be 
explained by the connecting wires of the volt- meter (mostly Cu) that are led from the hot and cold end 
of the conductor through an unknown temperature field, thus generating further differential, unknown 
thermoelectric emf. Therefore, two electric conductors with known Seebeck coefficients are connected 
to form a thermocouple measuring circuit. The underlying physical principle, the Seebeck effect (Fig. 
1), indicates that an electric current is generated in a loop of two different conductors A and B when 
differ- ent temperatures T1 and T2 are present at the junctions of the two conductors. 

 
 

Fig. 1. Schematic representation of the Seebeck effect [6] 

For measuring the resulting thermoelectric voltage, the closed circuit is disconnected at one 
point (Fig. 3) and a voltme- ter is applied. In the most basic case, i.e. at low-temperature differences 
and for a homogeneous Seebeck coefficient for the entire conductor length, the following applies to the 
measured thermoelectric emf: 

( )A BU S S T= − ⋅Δ        (2) 
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The length and the cross-section of the respective conductors are not relevant in this case. It 
can also be assumed that inhomogeneous conductors, with constant Seebeck coefficients over the 
entire length of the conductor, the occurring thermoelectric voltage depends only on the temperature 
difference between the two junctions. Temperature gradients along the homogeneous conductors have 
no effect on the measured thermoelectric emf since the resulting differential partial voltages along the 
two conductors cancel each other. [6,7]. On the other hand, however, an additional thermoe-lectric 
voltage occurs when the Seebeck coefficient changes, e.g. due to mechanical or chemical influences on 
the con- ductor material, if these inhomogeneities in the conductor material are located in the 
temperature gradient [8,9,10]. 

For the basic circuit for temperature measurement with thermocouples, which is most 
frequently used in technology, the circuit is disconnected at a junction and the voltmeter is connected 
there via copper wires (Fig. 2). 

 

 

Fig. 2. Basic circuit of temperature measurement 
 with thermocouples 

The temperature T2 must be known and constant over the measuring period. When defining 
their characteristic curve, internationally standardized thermocouples refer to a temperature T2, also 
known as reference junction temperature, of TV = 0 °C. If this reference junction temperature deviates 
from 0 °C, a corresponding correction must be made when converting the thermoelectric voltage into 
temperature. 

When it is not possible to lead the thermocouple cables to the cold junction, compensating or 
thermoelectric cables are used in practice. These cables provide the same thermoelectric material 
properties as the thermocouple cables used in a limited temperature range (up to approx. 200 °C). 
Ideally, no additional contributions to the thermoelectric emf should occur when using compensating 
cables, even if they are in the range of the temperature gradient. In practice, however, additional 
contributions to the measurement uncertainty occur, which must be taken into consideration in the 
process of measurement. 

The illustrated basic principle of temperature measurement with thermocouples can also be 
used for direct measurement of the temperature between tools and workpieces in production 
machines [6]. 

Tool-Workpiece-Thermocouple (TWT-) Method 
In the present paper, the direct measurement of the electrical thermoelectric voltage between 

workpiece and tool is studied using the example of a robotic system for friction stir welding (Fig. 3). 
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The average temperature is recorded along the entire contact surface between the tool and the 
workpiece. 

First, it is necessary to investigate which thermoelectric or compensating cables can be 
connected to the two basic ele- ments of the electric thermoelectric voltage circuit in the welding robot 
so that a thermoelectric circuit up to the measur- ing device is created. It is to be expected that process-
related temperature gradients will occur in the system, which could cause additional thermoelectric 
voltages with different material combinations. The Production Technology Group [11] has developed a 
grinding system for the test adaptable to the robotized FSW system (Fig. 4 above). The electrical 
voltage is to be tapped directly from the rotating tool and led to a thermoelectric cable. 
 
 

 

Fig. 3. Basic principle of the Tool-Workpiece- Thermocouple (TWT) Method [11] 

The grinding system is electron- ically isolated from the system in order to avoid interferences. 
The friction stir welding tool used consists of hardened tool steel (1.2344), and the workpieces to be 
joined are made of the aluminum alloy EN AW 6060 T66 with a sheet thickness of 5 mm, a length of 
300 mm and a width of 50 mm. The workpieces were joined by butt joint formation. The individual 
components, which carry the thermoelectric voltage from the probe to the Cu cable, are made of the 
same material (1.2344) in order not to interfere with the rules for thermoelectric circuits. 

For the following investigations, the friction stir welding tool or workpiece was first extended 
with thermoelectric ca-bles made of the same materials as the tool and workpiece in order to tap the 
thermoelectric voltage. Copper cables were connected to these thermoelectric cables, comparable to the 
basic circuit in Fig. 2, to carry the signal to the meas- uring instrument (Fig. 4). 

This design requires the reference point in the thermoelectric circuit to be located at different 
points in the system. It is not guaranteed that the reference junction temperature of both contact points 
is identical over the course of time. The heat dissipation through the thermoelectric lines was 
estimated in advance for heat conduction by analytical calculations and dimensioned in such a way 
that the same temperature finally prevails at the reference junctions. In the first meas- urements at the 
system, the temperature of the reference junctions was monitored by means of applied thermocouples 
to validate the previously calculated minimum lengths. The measurements confirmed the correctness 
of the assumptions made, the temperature at the reference junctions was the same. 
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Fig. 4. Fastening of the thermal and copper cable to the tool (top) or workpiece (bottom) 

Results 
 Calibration of the material combination 

The used material combination of tool steel (1.2344) and aluminum alloy EN AW 6060 T66 does 
not belong to the internationally standardized thermocouple material combinations. Therefore, the  
T-U-characteristic or the Seebeck coefficient of the material pairing was determined at first. The 
calibration was carried out in a temperature-controlled test rig using a calibrated thermocouple. 
Figure 6 shows the results for the material combination 1.2344/EN AW 6060 T66. 

 

 
Fig. 5. Result of calibration for 1.2344 and EN AW 6060 [11] 
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The left ordinate axis shows the determined Seebeck coefficient (orange) and the opposite one 
the thermo-voltage axis (blue). The Seebeck coefficient was determined with the simplified equation 2. 
The temperature difference of the sup-porting points was 10 K. The results were firstly used to 
calculate the temperatures during the welding process in order to prove the basic suitability of the 
measurement setup. The characteristic curve of the material combination is to be determined more 
precisely in subsequent tests in the calibration laboratory of the Institute for Process Measurement and 
Sensor Technology. 

 Measurements at the robotized FSW welding unit 

The temperature measurement experiments are carried out on a serial kinematic 6-axis jointed-
arm robot KUKA KR 500 MT 3. The robot is equipped with a modified FSW spindle from MAG, 
which is fitted with a tool clamping system for hollow shank tapers (HSK 63). The friction stir welding 
tool and workpiece were integrated into the system as de- scribed in chapter 3. The resulting forces are 
recorded by a multi-component dynamometer from KISTLER, which is located below the component 
holder (Fig. 5). 

The system was operated with the following welding parameters: 
– welding speed: 1000 mm/min 
– rotational speed: 5000 min-1 
– axial force: 4000 N 
– shoulder diameter: 13 mm 
– probe diameter: 5 mm 
– weld seam length: 250 mm 
– plunging depth: 4.5 mm 

For validation of the calculated temperatures from the Seebeck coefficients determined during  
calibration, sheath ther- mocouples type K were integrated into the center of the welding zone (stir 
zone). Therefore, grooves were prepared in the workpiece in which the thermocouples were inserted 
without damage (Fig. 6). The intention was to prove that the temperature in the welding zone measured 
with the system set up was almost on the same level as that of the thermo- couples. The thermocouples 
were positioned 2 mm below the welding surface in the gap between the workpieces has to be joined. 

 

Fig. 6. Positioning of the thermocouples along the weld seam (from left TE1 - TE4) 
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The measured thermoelectric voltages were filtered with a passive low-pass filter of 1st order of 
1 Hz. Figure 8 shows the increase in temperature (red) and force (blue) of the material combination 
1.2344 & EN AW 6060 T66 throughout the welding time. It can be clearly noticed that the temperature 
rises during the plunging phase and reaches a maximum of 450 °C at appr. 12 s. At the same time, a 
reduction of the axial force to almost 1000 N can be recognized, which is due to a reduction of the 
yield stress of the aluminum alloy. After the tool has sufficiently plasticized the workpiece material, 
the contact surface at which the electrical thermoelectric voltage is generated increases. Due to the 
contact with the still cool tool body and the plasticized workpiece, a temperature decrease of approx. 
125 °C can be determined. During the welding phase (starting at t = 15 s), the axial force (4000 N) and 
the temperature (approx. 500 °C) remain almost constant. The latter criterion corresponds to approx. 
75% of the liquidus temperature of EN AW 6060 T66. Im- mediately before the tool retraction, the 
force and the temperature rise briefly before the welding tool leaves the joining area. This can be 
explained by a short dwell time before the tool retraction whereby process-related reorientations of the 
spindle take place. The temperature curves of the thermocouples (TE1 - TE4) also shown in Figure 7, 
which should be used to validate the results of the direct thermoelectric voltage measurement (referred 
to as Tweld_ThermV in the dia-gram), always indicate a maximum below the temperature curves. This 
can be attributed both to a positioning slightly below the surface [7] and to the delay periods of the 
thermocouples. It was determined after the measurement that ther- mocouple 3 was not positioned 
exactly, which can be used to justify the deviating temperature curve. 

 
 

 

Fig. 7. Results during the welding process [11] 

It is also noticeable that interference signals are already recorded before and also after welding, 
i.e. during the open thermoelectric circuit. This is mainly explained by disturbance variables, e.g. the 
50Hz mains frequency (correctable with low-pass filter), the rotational frequency of the rotating spindle 
or the system-related EMC load. As a result, both the values of the calibration and the results obtained 
during the welding process must be validated by repeat measure-ments. 
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Summary and outlook 
The measurement results presented in the paper demonstrated that a direct temperature 

measurement can be accom-plished using the TWT method. The calibration characteristic curve was 
determined for the material combination used and applied to measure the process zone temperature during 
the joining process. The achieved measuring values of the calibration should be additionally confirmed by 
an exact laboratory calibration. During the first measurements on the robotic FSW welding robot, the 
following influences on the measurement results and their uncertainty were identified: 
– uncertainty of the characteristic curve determination, 
– EMC load due to system periphery, 
– wear of the probe during the welding process, 
– not yet identified temperature gradients in the area of material transitions, which cause additional 

thermoelec-tric voltages. 
In the future cooperation between the Production Technology Group and the Institute for Process 

Measurement and Sensor Technology at the TU Ilmenau, the possibilities of direct temperature 
measurement based on the Seebeck effect both for friction stir welding and for other welding processes are 
to be further investigated and verified. The heat trans- fer processes are also to be calculated in advance 
using numerical simulations [12] and subsequently verified by meas-urement technology. 
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ПРОБЛЕМИ ВИМІРУ ТЕМПЕРАТУРИ В ПРОЦЕСІ РОТАЦІЙНОГО  
ЗВАРЮВАННЯ ТЕРТЯМ 

Точне визначення температури технологічної зони набуває все більш важливу роль в процесі 
контролю і моніторингу ротаційного зварювання тертям. В даний час вимірювання температури 
здійснюється за допомогою вбудованого в інструмент давача температури (зазвичай 
термопари). Оскільки її не можна прикріпити безпосередньо до області з'єднання, розсіювання 
тепла всередині інструменту і в навколишнє середовище викликає відхилення в вимірах, а також 
затримку вимірювання температури в часі. У статті описано процес і пов'язані з ним проблеми. 
Показано, що пряме вимірювання температури в ході процесу може бути здійснене за рахунок 
використання термоелектричного ефекту між інструментом і деталлю без заміни інструменту 
шляхом введення додаткових давачів температури. Бібл. 12, рис. 7. 
Ключові слова: ротаційне зварювання тертям, пряме вимірювання температури, ефект Зеєбека, 
похибки вимірювання 
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ПРОБЛЕМЫ ИЗМЕРЕНИЯ ТЕМПЕРАТУРЫ В ПРОЦЕССЕ 

 РОТАЦИОННОЙ СВАРКИ ТРЕНИЕМ 

Точное определение температуры технологической зоны приобретает все более важную роль в 
процессе контроля и мониторинга ротационной сварки трением. В настоящее время измерение 
температуры осуществляется с помощью встроенного в инструмент датчика температуры 
(обычно термопары). Поскольку их нельзя прикрепить непосредственно к области соединения, 
рассеяние тепла внутри инструмента и в окружающую среду вызывает отклонения в 
измерениях, а также задержку измерения температуры во времени. В статье описан процесс и 
связанные с ним проблемы, как прямое измерение температуры в ходе процесса может быть 
достигнуто за счет использования термоэлектрического эффекта между инструментом и 
деталью, без замены инструмента путем введения дополнительных датчиков температуры. 
Библ. 12, рис. 7. 
Ключевые слова: ротационная сварка трением, прямое измерение температуры, эффект Зеебека, 
погрешности измерения 
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 COMPUTER SIMULATION OF CYCLIC 
TEMPERATURE EFFECT ON THE HUMAN SKIN 

This paper presents the results of computer simulation of cyclic temperature effect on the human 

skin in a dynamic mode. A three-dimensional computer model of biological tissue was built with 

regard to thermophysical processes, blood circulation, heat exchange metabolic and phase 

transition processes. As an example, the case is considered when on the skin surface there is a work 

tool whose temperature varies in the temperature range [‑50 ÷ +50] °C. Temperature distributions 

in different layers of the human skin in heating and cooling modes have been determined. The results 

obtained make it possible to predict the depth of biological tissue freezing and heating with a given 

temperature effect. Bibl. 46,Fig. 10, Tabl. 2. 

Keywords: temperature effect, human skin, dynamic mode, computer simulation. 

Introduction 
It is well known in medical practice that temperature exposure is an important factor in the 

treatment of many diseases of the human body [1-3]. However, the devices used for this purpose are in 
most cases bulky, without proper temperature control and thermal reproduction capabilities. To obtain 
lower temperatures, systems with liquid nitrogen are used [4-8], which significantly limits the possibilities of their 
use in medical institutions, where the provision of liquid nitrogen is problematic. In addition, the use of liquid 
nitrogen or the Joule-Thomson effect in the expansion of gases does not allow for the exactly required temperature 
regimes, and generally reduces the efficiency of using cold in treatment. 

This problem can be solved by using thermoelectric cooling (heating) [3, 9-12]. Studies of the 
thermal effect on biological tissue carried out for many years, the creation of thermoelectric devices on 
their basis and the use in medical practice confirm their effectiveness. Thermoelectric devices are 
promising in such areas of medicine as cryotherapy, cryosurgery, ophthalmology, traumatology, 
neurosurgery, plastic surgery, urology, dermatology, etc. [1-3]. 

However, the experience of using thermoelectric medical devices has revealed a number of their 
disadvantages. Among them, the most important is the lack of the ability to control the cooling and heating 
processes in time. The latter significantly narrows the possibilities of treatment with heat and cold. 

Studies show that cooling rates (their dynamics) play a decisive role in treatment [7, 13-25]. Thus, 
very rapid cooling does not lead to the destruction of biological tissues at all. On the contrary, moderate 
but cyclic cooling promotes vigorous destruction of tumors. Time cooling and heating functions are also 
important in the treatment of other diseases. 
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Thus, the general problem is to develop a fundamental scientific basis for creating a new genera- 
tion of thermoelectric medical devices, which reproduce the specified functions of cooling and heating in 
biological tissue. In most cases, it is very difficult to control the cyclic processes of cooling and heating of 
biological tissue [26, 27]; therefore, it is necessary to learn to predict the depth of freezing and heating of 
skin layers at a given temperature effect at different points in time. 

So, the purpose of this work is to determine, using computer simulation, the temperature distributions 
in different layers of the human skin in a dynamic mode at a given cyclic temperature effect. 

Physical model 

According to a physical 2D model with axial symmetry (Fig.1), the area of biological tissue of the 
human body is a structure of three layers of skin (epidermis 1, dermis 2, subcutaneous layer 3) and the 
internal biological tissue 4 and is characterized by the following thermophysical properties [28-34]: thermal 
conductivity κі, specific heat Сі, density ρі, blood perfusion rate ωbi , blood density ρb, blood temperature Tb, 
blood heat capacity Сb and specific heat release Qmeti due to metabolic processes and latent heat of phase 
transition L. Thermophysical properties of skin and biological tissue of the human body in normal [35-39] 
and frozen states  [40, 41] are shown in Tables 1, 2. The respective layers of biological tissue 1-4 are 
considered as bulk heat sources qi, where:  

( ), 1..4i met i b b bi bq Q С T T i       .    (1) 

The geometric dimensions of each such layer 1-4 are aі, bі. On the surface of the skin is a round work 
tool 5, the geometric dimensions of which are as follows: thickness d = 1 mm and diameter c = 10 mm. 
According to medical recommendations and analysis of known cryoprobes used for cryodestruction, it was 
determined that the diameter of such probes is from 5 mm to 15 mm [42, 43]. Therefore, in this work, as an 
example, we took the average value of the probe diameter, which is  c = 10 mm. The temperatures at the 
boundaries of the respective layers 1-4 and the work tool 5 are T1, T2, T3, T4, T5, T6. The temperature inside 
biological tissue is T1 = +37°С. The temperature of the work tool varies in the range T7 = [-50 ÷ +50] °С. The 
ambient temperature is T8 = +22°С. The surface of human skin with a temperature of Т6 is in a state of heat 
exchange with the environment (heat transfer coefficient α and radiation coefficient ε) at a temperature of Т8. 
The lateral surface of the skin is adiabatically isolated. 

This model does not take into account the thermal contact resistance between the work tool and the 
human skin, since it is estimated to be insignificant and is Rc = 2∙10-3 m2∙K/W [44]. 

 

 

 

 

Fig.1. Physical 2D model of the human skin  

with axial symmetry: 1 – epidermis, 2 – dermis, 

 3 – subcutaneous layer, 4 – internal biological  

tissue, 5 – work tool 
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Table 1 

Thermophysical properties of biological tissue of the human body [35-39] 

Layers of biological tissue 
 

Epidermis 
 

Dermis 
Subcutaneou

s layer 
Internal 
tissue 

Thickness, l (mm) 0.08 2 10 30 

Specific heat, С (J·kg–1·K–1) 3590 3300 2500 4000 

Thermal conductivity, κ (W·m–1·K–1) 0.24 0.45 0.19 0.5 

Density,  (kgm–3) 1200 1200 1000 1000 

Metabolism, Qmet (W/m3) 368 368 368 368 

Blood perfusion rate, b (ml/s∙ml) 0 0.0005 0.0005 0.0005 

Blood density, b (kg·m–3) 1060 1060 1060 1060 

Blood heat capacity, Сb (J·kg–1·K–1) 3770 3770 3770 3770 

 
Table 2 

Thermophysical properties of biological tissue of the human body in  
the normal and frozen states [40, 41] 

Thermophysical properties of biological tissue Value 
Measurement 

units  

Heat capacity of normal biological tissue (C1) 3600 J/m3 °С 

Heat capacity of frozen biological tissue (C2) 1800 J/m3 °С 

Thermal conductivity of normal biological tissue (κ1) 0.5 W/m °С 

Thermal conductivity of frozen biological tissue (κ2) 2 W/m °С 

Latent heat of phase transition (L) 250∙103 J/m3 

Upper temperature of phase transition (T1) -1 °С 

Lower temperature of phase transition (T2) -8 °С 
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Mathematical model  

In general, the equation of heat exchange in biological tissue is given by [45]: 

(κ ) ρ ω ( ) , 1..4i i b b bi b meti

T
C T C T T Q i

t


           


,   (2) 

where iC , i  is specific heat and thermal conductivity of respective skin layers, ρb  is blood density, 

bC  is specific heat of blood, ωbi  is blood perfusion of respective layers, bT  is blood temperature, Т is 

temperature of the biological tissue; metiQ  is heat released due to metabolic processes in each layer. 

The term on the left side of equation (2) is the rate of change of thermal energy contained in a unit 
volume of biological tissue. The three terms on the right side of this equation represent, respectively, the 
rate of change of thermal energy due to thermal conductivity, blood perfusion and metabolic heat. 

The equation of heat exchange in the biological tissue (2) is solved with the corresponding 
boundary conditions. The temperature on the surface of the work tool varies according to the given law 
in the temperature range T7 = [-50 ÷ +50] ° С. Inside the biological tissue, the temperature T1 = + 37 ° 
C. The lateral surfaces of biological tissue are adiabatically isolated (q = 0), and the upper surface of the 
skin is in a state of heat exchange (heat exchange coefficient α and radiation coefficient ε) with the 
environment at a temperature of T8. 

4 4
8 5 8 5( , , ) ( ) ( )

с x a
y bi

iq x y t T T T T  
 


       ,    (3) 

where qі(x,y,t) is the heat flux density of the i-th layer of the human skin, α is the coefficient of 
convective heat exchange of the skin surface with the environment, ε is the radiation coefficient, σ is the 
Boltzmann constant, Т5 is the temperature of the human skin surface, Т8 is the ambient temperature  
(T8 = + 22 ° C). 

At the initial time moment t = 0 s, it is assumed that the temperature in the entire volume of the 
skin is T = + 37 °C, i.e. the initial conditions for solving equation (2) are as follows: 

Tі(x,y,0) = Tb,      i = 1,...,4.     (4) 

As a result of solving the initial-boundary value problem (2) - (4), the distributions of temperature 
Tі(x,y,t) and heat fluxes qі(x,y,t) in the corresponding layers of the skin at any time are determined. As 
an example, in this paper we consider the case in which the temperature of the work tool varies 
according to a given law in the temperature range T7 = [-50 ÷ +50] °С. However, it should be noted that 
the proposed technique allows us to consider cases where the temperature of the work tool Тf(t) changes 
in any temperature range or according to a predetermined function. 

During the freezing process, the cells will undergo a phase change at the freezing point, with the 
loss of heat of the phase transition (L) and the temperature in these cells will not change. The phase 
transition in the biological cells occurs in the temperature range (-1 ÷ -8) °C. The properties of the skin 
and biological tissue in normal and frozen states are given in tables 1, 2 [35-41]. In the temperature 
range (-1 ÷ -8) °C, when the cells are frozen, the heat of the phase transition is absorbed, which can be 
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modeled by adding the appropriate value to the heat capacity [40, 41]. 
When freezing the human skin, vasoconstriction occurs in the capillaries until all blood freezes in 

the capillaries, and the value ωbi tends to zero. In addition, cells will not be able to generate metabolic 

heat when frozen and metiQ will be zero at temperatures below zero. 

In the frozen state, the properties of the skin and biological tissue will have the following  
values (5) – (8): 

1

1 2

2

1 ( 8) 2i

C

C CL
C

C


    


 

1

8 1

8

T C

C T C

T C

  
     
  

    (5) 
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2i
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 




  

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1

8 1

8

T C
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  
     
  

     (6) 
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ib

 



  

1

8 1

8

T C

C T C

T C

  
     
  

     (8) 

Computer model 

A three-dimensional computer model of biological tissue was created in a cylindrical coordinate 
system on the surface of which is a medical work tool. Comsol Multiphysics software package [46] was 
used to build a computer model, which allows modeling of thermophysical processes in biological 
tissue, taking into account blood circulation, heat exchange, metabolic processes and phase transition. 

The distribution of temperature and heat flux density in biological tissue was calculated by the 
finite element method, the essence of which is that the object under study is divided into a large number 
if finite elements  and in each of them a function value is sought for that satisfies  given second order 
differential equations with the corresponding boundary conditions. The accuracy of solving the problem 
posed depends on the level of partitioning and is ensured by a large number of finite elements [46].  

As an example, Fig. 3-10 shows the distributions of temperature and isothermal surfaces in the 
bulk of the human skin, on the surface of which a work tool is located, the temperature of which varies 
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cyclically according to a predetermined law in the temperature range [-50 ÷ +50] ° C at different points 
of time. 

Results of computer simulation of cyclic temperature effect on the human skin in a 
dynamic mode  

According to the known methods of cryodestruction and coagulation of biological tissue [7, 13, 
18-20] the rate of cooling should be at least (40-50) °C/min, and the rate of heating (20-25) °C/min. 
Therefore, in this paper, as an example, we consider the case when the work tool temperature Тf(t) varies 
in the range of operating temperatures [-÷+50]°C as follows. First, a cooled work tool is used to carry 
out cryodestruction of skin at a temperature Т=-50°C for t=120 с, then the work tool temperature 
changes from -50°C to +50°C for the next 240 s, following  which skin coagulation is carried out with 
the heated work tool at Т=+50°C for t=120 s.  A subsequent temperature reduction to Т=-50°C occurs 
for 120 s, then this temperature effect is repeated cyclically for a better destruction of the human skin. 
The indicated cyclic temperature effect on the human skin is shown in Fig.2.  

 
 

 

Fig.2. The plot of work tool temperature versus time 

Figs. 3-10 show the  distributions of temperature and isothermal surfaces in the cross section of 
biological tissue on the surface of which the work tool is placed, the temperature of which varies 
according to the above law in the operating temperature range [-50 ÷ +50] ° C at the initial and final 
moments of cooling-heating cycle. 
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Fig.3. Dostribution of temperature in the bulk of the skin the  

surface of which accommodates a work tool  
at a temperature of Т=50°С at point of time  t=210s 

 

 

Fig.4. Distribution of isothermal surfaces in the bulk of the  

skin the surface of which accommodates a work tool  

at a temperature of  Т=-50°С at point of time t=120 s 
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Fig.5. Ditsribution of temperature in the bulk of the skin the surface of which accommodates  

a work tool at a temperature of Т=+50°С at point of time t=480 s 

 

 
 

Fig.6. Distribution of isothermal surfaces in the bulk of the skin the surfaces of which accommodates 

 a work tool at a temperature of Т=+50°С at point of time t=480 s 
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Fig.7. Distribution of temperature in the bulk of the skin the surface of which accomodates 

 a work tool at a temperature of Т=-50°С at point of time t=720 s 

 

 

 

Fig.8. Distribution of isothermal surfaces in the bulk of the skin the surface of which accommodates 

 a work tool at a temperature of Т=-50°С at point of time t=720 s 
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Fig.9. Distribution of temperature in the bulk of the skin the surface of which accommodates  

a work tool at a temperature of Т=+50°С at point of time t=1080 s 

 

 

Fig.10. Distribution of isothermal surfaces in the bulk of the skin the surface of which accommodates  

a work tool at a temperature of Т=+50°С at point of time t=1080 s 

From Figs. 3-6 it is seen that at t=120 s the epidermis is cooled to -48,9°C, the temperature at the 
epidermis-dermis boundary is -48.3°C, the temperature at the dermis-subcutaneous fat is -25.5°C. And 
at t = 480 s the temperature in the epidermis rises to +49,8°C, at the epidermis-dermis boundary the 
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temperature is +49.5°C, at the dermis-subcutaneous fat the temperature is +40.3°C. As long as the upper 

skin layer (epidermis) has the lowest thickness and blood perfusion ω 0b  , then the temperature inside 

this layer is close to the work tool temperature. Later, with repeated cyclic temperature exposure (Fig. 7-
10), it is observed that at t = 720 s after cooling, the temperature inside the skin, for example, at the 
dermis-subcutaneous fat boundary, reaches -28 ° C, and at t = 1080 c after reheating, the temperature at 
the dermis-subcutaneous fat boundary is + 38 ° C. 

It was found that with an increase in the exposure (number of cycles) of temperature effect, a 
deeper cooling of skin layers and approximately the same heating of the skin are achieved. That is, with 
a prolonged temperature exposure in the range [-50 ÷ +50] °C one can achieve destruction and 
coagulation of superficial skin neoplasms. 

The results obtained make it possible to predict the depth of freezing and heating of the human 
skin layers at a given cyclic temperature exposure to achieve the maximum effect during cryodestruction 
or coagulation. The developed method of computer simulation in a dynamic mode enables one to 
determine the temperature distribution in different skin layers with a predetermined arbitrary function of 
changing the work tool temperature with time Tf(t). 

Conclusions 

1. Computer simulation was used to determine the distributions of temperature in different skin layers 
in heating and cooling modes with a change of work tool temperature by the predetermined law in 
the temperature range [-50÷+50]°C. The results obtained give an opportunity to predict the depth of 
freezing and heating of biological tissue at a given cyclic temperature effect. 

2. The method of computer simulation of the distribution of temperature in the human skin is 
developed, which enables one to predict the results of local temperature effect on the skin and 
determine at any point of time the distributions of temperature in different skin layers at a 
predetermined arbitrary temporal function of change in work tool temperature Tf(t). 
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КОМП’ЮТЕРНЕ МОДЕЛЮВАННЯ ЦИКЛІЧНОГО 
ТЕМПЕРАТУРНОГО ВПЛИВУ НА ШКІРУ ЛЮДИНИ 

У роботі наведено результати комп’ютерного моделювання циклічного температурного 
впливу на шкіру людини у динамічному режимі. Побудовано тривимірну комп’ютерну модель 

біологічної тканини з врахуванням теплофізичних процесів, кровообігу, теплообміну, процесів 

метаболізму та фазового переходу. Як приклад, розглянуто випадок, коли на поверхні шкіри 

знаходиться робочий інструмент, температура якого змінюється циклічно за наперед 

заданим законом у діапазоні температур [50 ÷ +50] °C. Визначено розподіли температури у 

різних шарах шкіри людини в режимах охолодження та нагріву. Отримані результати дають 

можливість прогнозувати глибину промерзання і прогрівання біологічної тканини при 

заданому температурному впливі. Бібл. 46, рис. 10, табл. 2. 

Ключові слова: температурний вплив, шкіра людини, динамічний режим, комп’ютерне 

моделювання. 
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КОМПЬЮТЕРНОЕ МОДЕЛИРОВАНИЕ ЦИКЛИЧЕСКИХ 
ТЕМПЕРАТУРНЫХ ВОЗДЕЙСТВИЙ НА КОЖУ ЧЕЛОВЕКА 

В работе приведены результаты компьютерного моделирования циклического 

температурного воздействия на кожу человека в динамическом режиме. Построено 

трехмерную компьютерную модель биологической ткани с учетом теплофизических 

процессов, кровообращения, теплообмена, процессов метаболизма и фазового перехода. В 

качестве примера, рассмотрен случай, когда на поверхности кожи находится рабочий 

инструмент, температура которого меняется циклически по заранее заданному закону в 

диапазоне температур [50 ÷ +50] ° C. Определены распределения температуры в различных 

слоях кожи человека в режимах охлаждения и нагрева. Полученные результаты дают 

возможность прогнозировать глубину промерзания и прогревания биологической ткани при 

заданном температурном воздействии. Библ. 46, рис. 10, табл. 2. 

Ключевые слова: температурное воздействие, кожа человека, динамический режим, 

компьютерное моделирование. 
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 CALCULATION OF THE COOLING SPEED  
OF THE THERMOELECTRIC BEVERAGE COOLER  

WITH "WET" CONTACT 

The paper proposes an engineering technique for calculating beverage cooling speed in a 
thermoelectric cooler with wet and dry contact. By calculation, the previously proven 
experimentally conclusion was confirmed that filling the gap between the bottle with the drink and 
the cooler container can significantly increase the speed of the cooler. The results of comparative 
calculations are presented by the example of an automobile cooler of drinks Car mini-cooler FM 
201.001. The ways of improving the design of the cooler in order to increase its speed are 
proposed. Bibl. 10, Fig. 5, Tab. 3. 
Key words: beverage cooler, cooling speed, heat exchange conditions, thermal resistances. 

Introduction 

This paper is the second part in a series of three works devoted to the development and research 
of thermoelectric coolers for drinks with wet contact. In the previous paper [1], the market of modern 
household and automobile thermoelectric beverage coolers was analyzed in terms of their cooling 
speed. The performance indicators of these devices do not meet the needs of consumers. Based on the 
results of experimental studies, the efficiency of the use of the so-called "wet" contact to increase the 
speed of the coolers was shown. Wet contact is the filling of the air gap between the beverage can or 
bottle and the cooler container with water or other liquid. The theoretical analysis below allows one to 
determine the main factors influencing the mentioned efficiency. Another goal of this work is to 
develop a method for calculating the cooling time of a drink in coolers with wet contact and to 
compare the results of calculations using the example of data from previous experiments. 

Calculation model  
Initial data and assumptions 

1. As in experiment [1], we take water as a cooled drink which is a liquid with the highest heat 
capacity. This approach eliminates speculations associated with inaccuracy in determining the 
thermophysical properties of specific drinks. 

2. Similarly, as a container for a drink, we take an aluminum can with a capacity of 0.33 liters. Its 
parameters are standardized and unified in most countries of the world [4]. 

3. The parameters of the cooler, including the thermoelectric module, are tied to the actual technical 
characteristics of coolers of the Car mini-cooler FM 201.001 type used in the experiment (Fig. 1). 
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Fig. 1. Car beverage cooler Car mini-cooler ФМ 201.001 (left),  
separately to the right - its container with a thermoelectric module installed on it. 

4. The bottom of the container in the cooler Car mini-cooler FM 201.001 is made as a separate element of 
non-metallic material, and the bottom of the can is concave. There is a linear direct contact between the 
can and the bottom along the circumference of the convex part of the bottom. Therefore, when 
calculating a dry contact cooler, we assume that the bottom surface does not participate in heat 
exchange between the container and the beverage can. 

5. Due to its smallness, we neglect the thermal resistance of the can. However, in the case of a plastic 
bottle, this component of the total thermal resistance must be considered. 

6. We assume that the space between the container and the cooler body is filled with polyurethane foam 
insulation (Fig. 2). 

 

 
Fig.2. Calculation scheme of beverage cooler. 
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Тable 1  
Initial data for the calculation 

Parameter Value Source Comment 
Cooler capacity 

Material  Manufacturers’ 
data 

Aluminum Manganese alloy 
Al-Mn 

Thermal conductivity, λp 188 W/m·K [2]  
Specific mass heat capacity,  сp 985 J/kg K [2]  
Mass (without bottom part), mp 113.850 g  Measured  
Height, hp 69 mm   Measured  
Inner diameter, dp 67 mm  Measured  
Thickness, δp 2 mm  Measured  

Water in container 
Thermal conductivity,  λw 0.55 W/m·K [3] At a temperature of 10оС 
Specific mass heat capacity,  сw 4200 J/kg·K [3] At a temperature of 10оС 
Total mass, mw 15.0 g  Measured  
Including mass of water mass in a 
cylindrical gap, mw1 

7.1 g  Calculated 

Height, hw 68 mm  1 mm less than hp 
Layer thickness, δw 0.5 mm  (dp – Dc )/2 

Beverage can 
Material  [4] Aluminum alloy АМг2 
Thermal conductivity,  λc 159 W/m·K [5]  
Specific mass heat capacity,  сc 963  J/kg·K [5]  
Mass, mc  13.280 g  Measured  
Outer diameter, Dc 66 mm [4]  
Height, hc  115.2 mm [4]  
Thickness, δc 0.11...0.30 

mm 
[4] 0.11 – in the cylindrical part 

0.30 – in the lower part 
Beverage (water) 

Thermal conductivity,  λd 0.574 W/m·K [3] At a temperature of 15оС1 
Specific mass heat capacity,  сd 4190 J/kg·K [3] At a temperature of 15оС 
Mass, md 332.0 g  Measured  

Insulation 
Material   Foamed polyurethane  
Thermal conductivity,  λin 0.029 W/m·K [6]  
Specific heat capacity, cin 1.47  [6]  
Density, σin 40 kg/m3 [6],[7]  
Thickness, δin 6.5 mm  Measured 

                                                 
1 Taken as the average temperature of the beverage in the process of cooling. 
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Calculation of theoretically minimum cooling time 
The minimum time τmin for cooling a beverage in a can to a temperature tf (under ideal conditions of 

heat exchange at the boundaries of media) can be found from the heat balance of the cold side of the 
cooler: 

( )0 2 3 minin d c w p inQ Q Q Q Q Q Q Q Qτ− − − ⋅ = + + + +     (1) 

( )0 2 3 mininQ Q Q Q τ− − − ⋅ =  

( ) ( ) ( ) ( )
2

a p
d d a f w w c c p p a p in in

t t
m c t t m c m c m c t t m c

−
= ⋅ − + + + ⋅ − + ⋅    (2) 

where: 0Q  is average cooling capacity of thermoelectric module during cooling; 2Q  is average heat 

input from the environment through the bottom of the can, 3Q  is average power of heat input from 

the environment to the upper part of the can, not immersed in the container, inQ is average power of 

heat input from the environment through the insulation, Qd, Qc, Qw, Qp, Qin is the amount of heat 
removed from the drink, can, water in the gap, container and insulation, respectively, m is mass, с is 
heat capacity, ta is air temperature in the room and the initial temperature of all the elements, tf is 
finish temperature of the beverage, tp is average temperature of the cooler at the end of cooling 
process. 

The only unknown value in Eq.(2) is temperature tp.  One can calculate it from the thermal 
balance of the gap or use the experimental data. Putting into calculation the values ta = 25 оС, 
tf = 10 оС, tp = 8.2 оС and substituting data from Table 1, we obtain: 

Table 2 

Intermediate results of calculating thermal balance components 

Object Designation mici [J/K] Qi, [J] Percentage 

Beverage mdcd  , Qd  1382.7 20740.5 87.44% 

Can mccc  , Qc 11.95 200.76 0.85% 

Water in the gap  mwcw , Qw 62.85 1055.88 4.45% 

Container  mpcp , Qp 102.46 1721.3 7.26% 

Insulation  mincin , Qin 0.013 0.1065 0.0005% 

Sum  Σ 1560 23718.6 100% 
 

It follows from the presented data that, in terms of mass heat capacity, the presence of water in the 
gap increases the thermal load on the module by less than 5%. The influence of the can (0.85%) is within 
the experimental error, and therefore, may not be taken into account in engineering calculations, similarly 
to the effect of insulation, which is absolutely negligible. The role of thermal resistances of the same 
elements is analyzed below. A similar conclusion in relation to insulation can be made when analyzing the 
structure of heat inputs. In  [9], [10] it was shown that the isolation of the ice form of thermoelectric ice 
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cube ice makers does not increase the ice maker productivity, because the lion's share of the heat load is the 
process of the water-ice phase transition. Despite the fact that in our example we are not talking about 
freezing a beverage, the contribution of heat inputs from the environment is also not vital. Both in the case 
of ice makers and in coolers, i.e. in the products where the dynamic characteristics are decisive, the thermal 
resistance of the layers of materials between the cooled object and the source of cold has a greater 
influence than the mass heat capacity. This thesis is confirmed by the experimental data and further 
calculations. 

Algorithm for calculating the average cooling capacity of the module 0Q  

To be able to use the module manufacturers’ data given in Table 3 and in Fig. 3, it is 
worthwhile to: 

1) interpolate the values Qomax and ΔTmax between the two temperatures of the hot side of the 
cooler (the manufacturer provides data for temperatures 27 and 50 оС) for the temperature th of the hot heat 
sink in the steady state, which was measured during the experiment, i.e. for th = 32 oC; 

2) determine the value of relative current I/Imax. In our case it is 2.15/3.4 = 0.63; 
3) build dependence Qomax (ΔTmax) for this ratio and the above temperature th; 
4) using the above assumptions, calculate ΔT = th - tp and graphically determine 0Q  as 

shown in Fig. 4. 
Another possible option is calculation of 0Q  by the formula proposed in [8]. 

Тable 3 

Technical parameters of module МТ-1-1.45-143S 

Parameters Unit MT 1-1.45-143S 

Current, max A 3.4 

Voltage, max V 16.6 

Coolling Pover, max, (at Th=27°C) W 33 

Temp. Difference, max, (at Th=27°C in vacuum) K 70 

Resistance (at Th=27°C amb) Ohm 4.56 ± 10 % 

Width mm 40+0.5/-0.1 

Length mm 40+0.5/-0.1 

Thickness mm 3.8 

Thickness tolerance mm ±0.3 

Parallel Difference mm 0.05 

Wire Length mm 120+10 

Wire Section mm2 0.035 

Operating temperature, max °C 90 
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Fig.3. Load characteristics of module МТ-1-1.45-143S. 

 
Fig. 4. Graphical method for determining the cooling capacity of the MT-1-1.45-143S  

module under steady state operation on the manufacturers’ database (Fig. 3). 
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Fig.5. Typical dynamics of temperature change on the cold and hot side of module of  
thermoelectric cooler at ambient temperature ta = 25оС:  

1 – hot heat sink temperature th, 2 – container temperature at wet contact tpw,  
3 – container temperature at dry contact tpd, 4 – average beverage temperature td. 

 

Due to the variability of temperatures on both sides of the thermoelectric module, the value 

0Q  is also not constant. Its relative stabilization occurs approximately 10 minutes after the cooler is 

turned on (Fig. 5). Therefore, in order to increase the calculation accuracy, one can separately 
determine the values of Q012 and Q02 for two time intervals τ1 и τ2 and then use the formula (3) 

min

1min02101
0

)(
τ

τττ −⋅+⋅
=

QQQ   ,                                                (3) 

where τ1 = 10 minutes. 
On substituting (3) into (2) we find  τmin. 

               sms
Q

QQi 48209.12446010)
6010

(
02

01
min ==⋅+

⋅⋅−
= ∑τ     ,               (4) 

where Q01 = 20.4 W, Q02 = 17.8 W.   
The calculation of values 2Q , 3Q , inQ  by the known dependences for heat transfer through a multi-

layer wall and for natural convection in air (with regard to the data in Table 4) yielded the following 
results: 2Q  = 0.027 W, 3Q  = 0.063 W, inQ  = 0.019 W. The sum of these three heat inputs (0.109 W) is as 

little as 0.6% of the average cooling capacity of module, which makes it possible to ignore them in the 
engineering calculations. 

Actual time of beverage cooling from 25 оС to 10 оС is a factor of 2.5 longer (Table 5), which is due 
to thermal resistances of layers δс , δw  and  δp (Fig.2). 
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Calculation of cooling time with regard to thermal resistances of layers 
To take into account the influence of the thermal resistance of the media layers located in the gap 

between the beverage and the cold source (module), it is necessary to use the thermal balance of the cooled 
object in a regular thermal mode [3,11]: 

)()()( 1 τdtFktdcm fii ⋅Δ⋅⋅=Δ⋅ Σ∑                                          (5) 

Solving Eq.(5) for τ, we obtain: 

pf

paii

tt
tt

Fk
cm

−
−

=
Σ

∑ lnτ    ,                                                         (6) 

where:   

    

p

p

w

w

d

k

λ
δ

λ
δ

α

*1
1

++
=Σ   .                                                            (7)                      

In relation (6), we separately take into account the heat exchange through the container bottom made 
of rigid plastic (λb = 0.2 W/mK). In relation (7), in the calculation of the container thermal resistance δp*/λp, 
we use the reduced thickness δ*p, calculated by formula (8): 

F
FFF

p
2111 )( δδδ −+

=∗  ,                                                        (8) 

where:  F1 = hpam,   F = πdphp,    δ1 = δp + 5 mm (see Fig.1),    δ2 = ½(½πdp –am/2). 
Substituting the data from Table 1 and assuming the coefficient of heat transfer from water to the 

can wall αd = 140 W/m2K [12,13], we obtain  δ*p = 36 mm,  kΣ = 122.1 W/m2K. 

Conclusions 
A laboratory for remote monitoring and control of the heat generation unit operation has been 

developed. The established laboratory provides an opportunity to study the methods of backup power 
management due to electricity generated by an array of solar panels located outside the room with the heat 
generation unit and thermoelectric elements mounted thereupon. The scientific novelty of the results 
obtained lies in the fact that the methods of combining various processes of energy generation from one 
source and methods of emergency power supply for the control elements of this process have been further 
developed. The practical significance of the results obtained is that the created lab allows holding 
experiments with different cases of regular stopping of heat generation process in case of unstable or 
missing power supply for control units. Prospects for further research are to develop methods of regular 
shutdown of the heat generation unit in conditions, when the elements of control and monitoring of the unit 
are not provided with regular power supply. 

The work was supported by the grant of State Fundamental Research Foundation according to contract 
Ф83-111/2018. 
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РОЗРАХУНОК ШВИДКОДІЇ ТЕРМОЕЛЕКТРИЧНОГО 
 ОХОЛОДЖУВАЧА НАПОЇВ З «МОКРИМИ» КОНТАКТОМ 

У статті запропоновано інженерну методику розрахунку швидкості охолодження напою в 
термоелектричному охолоджувачі з мокрим і сухим контактом. Розрахунковим шляхом був 
підтверджений раніше доведений експериментально висновок про те, що заповнення щілини 
між пляшкою з напоєм і ємністю охолоджувача дозволяє істотно підвищити швидкодію 
охолоджувача. Представлено результати порівняльних розрахунків на прикладі автомобільного 
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охолоджувача напоїв Car mini-cooler FM 201.001. Запропоновано шляхи удосконалення 
конструкції охолоджувача з метою підвищення його швидкодії. Бібл. 10, рис. 5, табл. 3. 
Ключові слова: охолоджувач напоїв, швидкість охолодження, умови теплообміну, теплові 
опори. 
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РАСЧЁТ БЫСТРОДЕЙСТВИЯ ТЕРМОЭЛЕКТРИЧЕСКОГО  
ОХЛАДИТЕЛЯ НАПИТКОВ С «МОКРЫМ» КОНТАКТОМ 

В статье предложнена инженерная методика рассчёта скорости охлаждения напитка в 
термоэлектрическом охладителе с «мокрым» и «сухим» контактами. Расчётным путём был 
подтверждён ранее доказанный экспериментально вывод о том, что заполнение щели между 
бутылкой с напитком и ёмкостью охладителя позволяет существенно повысить 
быстродействие охладителя. Представлены результаты сравнительных расчётов на примере 
автомобильного охладителя напитков Car mini-cooler ФМ 201.001. Предложены пути 
усовершенствования конструкции охладителя с целью повышения его быстродействия. 
Библ. 10, рис. 5, табл. 3. 
Ключевые слова: охладитель напитков, скорость охлаждения, условия теплообмена, тепловые 
сопротивления. 
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THERMOELECTRIC PROPERTIES OF THIN FILMS  
OF BISMUTH AND BISMUTH-ANTIMONY SOLID SOLUTION 

The temperature dependences of the resistivity and thermoEMF were investigated by the method 

that excludes the occurrence of external strain in the film-substrate system, and the thermoelectric 

power factor was calculated in the temperature range of 77 to 300K for bismuth-antimony solid 

solution films on substrates with different thermal expansion coefficients. It has been found that to 

get the maximum thermoEMF, the ratio of the crystallite size and film thickness is critically 

important, which is due to the different confinement of electrons and holes mobility by the surface 

and crystallite boundaries. The maximum thermoEMF and power factor correspond to thick block 

films of Bi0.88Sb0.12 on mica.The research was supported by the Ministry of Education of the 

Russian Federation as part of a state assignment (project No. FSZN-2020-0026). Вibl. 19, Fig. 7, 

Tabl. 1. 
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Introduction 

The bismuth-antimony solid solution is known as the most effective low-temperature 
(temperatures below 200 K) thermoelectric material. At the same time, works of recent years show the 
possibility of using quantum and classical size effects in electronic phenomena, as well as internal 
strains to increase the thermoelectric figure of merit of materials [1 – 5]. 

The thermoelectric figure of merit (Z) in low-dimensional structures and nanostructures in 
comparison with homogeneous bulk materials can increase both due to an increase in the power factor 
(P), due to the peculiarities of the densities of states in the vicinity of the bottom of the lower 
dimensional quantization subband [5, 6] and due to a decrease in thermal conductivity due to the 
scattering of phonons at the interfaces [7]. Another mechanism for changing the thermoelectric power 
can be a change in the ratio of the contribution of electrons and holes to the thermoEMF due to 
different restriction of their mobilities by the surface and crystallite boundaries in a thin film [8, 9]. 

Straintronics offers another possibility in the task of increasing the thermoelectric figure of 
merit [10]. Straintronics (from the English “strain” - tension) is a new scientific direction of condensed 
matter physics, using physical effects in solids caused by strains arising in micro- and nanolayers and 
heterostructures under the action of external control fields, leading to changes in the band structure, 
electric, magnetic, optical and other properties of materials [11]. The possibilities of straintronics 
become obvious if we pay attention to the fact that some theoretical calculations and some 
experimental results show that the use of high pressures can significantly increase the ZT of some 
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materials [12]. However, this approach is not widely used due to the technological complexity of 
creating high pressures in finished devices. It is deformation that can be an analogue of high pressures, 
which, in the case of thin-film materials, can be easily created in several ways, in particular, by using 
substrates with different lattice parameters and coefficients of thermal expansion, deposition of films 
on bent substrates or their controlled bending directly during operation, and much more. In low-
dimensional structures located on substrates, it is possible to create record elastic strains, for example, 
vitrified bismuth wires of submicron size withstand relative elongations of 2-3% [13]. This is 
equivalent to the value of elastic strains in bulk crystals corresponding to mechanical stress up to 1 
GPa, which approximately corresponds to the values used in the study of bulk crystals of this type. At 
present, active research in the field of straintronics is just beginning. 

Within the framework of this work, the possibilities of increasing the thermoelectric figure of 
merit of thin films of bismuth and bismuth-antimony solid solution are experimentally investigated 
using the above approaches. 

Experimental procedure 

Bismuth films with a thickness of 10 nm to 1 μm and bismuth-antimony films with an 
antimony concentration from 3 to 15 at. % Sb were investigated. Plates of monocrystalline mica 
(muscovite) and a polyamide film were used as substrates. The coefficient of linear thermal expansion 
(CLTE) of these materials is 8 × 10−6 K−1 and 45*10−6 K−1, respectively. The CLTE of bismuth in the 
trigonal plane is 10.5 × 10−6 K−1. Thus, mica substrates cause in-plane tensile strain, while polyimide 
substrates cause in-plane compression strain of the film at temperatures below the film formation 
temperature. 

Various methods were used to obtain films with different structural perfection. The main 
method for the preparation of thin-film samples was thermal deposition in high vacuum (10−5 Torr). In 
this case, for the films of the bismuth-antimony solid solution, the method of discrete evaporation was 
used, which makes it possible to obtain a homogeneous distribution of the solid solution components 
throughout the volume. Using this method, under optimal production conditions [14], it is possible to 
obtain films with crystallite size more than an order of magnitude larger than the film thickness (for 
bismuth) and several times larger than the film thickness (for bismuth – antimony solid solution). To 
obtain films with a single crystal structure, the method of zone recrystallization of a film under a 
protective coating was used [8]. In order to obtain films with block sizes of the order of the film 
thickness, we used a technique based on growing a film in a high vacuum on preformed nanoclusters 
[15]. The structure of the films was monitored by atomic force microscopy and X-ray structural 
analysis. All films were oriented in the (111) plane parallel to the substrate plane. 

On the obtained films, the temperature dependences of the thermoEMF and resistivity were 
investigated in the temperature range of 77 to 300 K at a stepwise temperature change with 
temperature stabilization at the measurement point. To measure the thermoEMF, we used a technique 
that excludes distortion by the installation components of natural strain in the film – substrate system, 
presented in [16]. 

Experimental results and their discussion 

As indicated in the introduction, in bismuth films, the crystallite boundaries and the surface 
restrict the mobility of electrons and holes in different ways, which leads to significant changes in the 
value of the Hall coefficient depending on the ratio between the thickness and crystallite size. The 
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mobility of electrons is to a greater extent restricted by the surface at low temperatures and the 
mobility of holes – by crystallite boundaries. In order to study the influence of the above phenomenon 
on the thermoEMF, which, like the Hall effect, is a difference effect, bismuth films on mica with 
significant differences in crystallite size have been investigated. We studied films with crystallite size 
of the order of the film thickness (No. 1,4 in Figs. 1 and 2), obtained using bismuth nanoclusters in 
accordance with the method developed in [15], films with crystallite size more than an order of 
magnitude larger than their thickness (No. 2,5 in Figs. 1 and 2), obtained by thermal evaporation in 
high vacuum under optimal conditions [14] with subsequent annealing, and single-crystal films 
obtained by zone recrystallization (No. 3,6 in Figs. 1 and 2) [ 8]. 

Figs. 1 and 2 show the temperature dependences of the thermoEMF and resistivity of bismuth 
films with a thickness of 300 nm (No. 1, 2, 3) and 1000 nm (No. 4, 5, 6). It can be seen from the 
presented dependences that for films of the same thickness, with a decrease in the crystallite size, the 
absolute value of the thermoEMF increases at low temperatures, which, as in the case of the Hall 
effect, is due to the greater restriction of the hole mobility by the crystallite boundaries in comparison 
with the electron mobility.  For film No. 4, the absolute value of the thermoEMF at 77 K exceeds the 
analogous value for bulk bismuth (α11 = -45 µV / K). In this case, the effect of crystallites on the 
mobility of charge carriers for films obtained using bismuth nanoclusters can vary significantly from 
sample to sample, which can be seen from a comparison of the resistivity of these films at low 
temperatures: for a film 1000 nm thick, the resistivity at 77 K is almost 2 times higher in comparison 
with a film with a thickness of 300 nm, obtained in a similar way (Fig. 2). 

 
Fig.1 . Temperature dependence of thermoEMF for bismuth films on mica substrate  

 
Fig. 2 Temperature dependence of resistivity for bismuth films on mica substrate 
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In [1, 2], it was theoretically shown for the first time that the quantization of the energy of 
charge carriers in thin films and wires can lead to an increase in the thermoEMF and a significant 
increase in ZT. A significant thermoEMF increase in thin films due to the quantum size effect should 

occur at thicknesses h commensurate with the de Broglie wavelength of charge carriers =

2𝜋ℎ ඥ2𝐸ி𝑚
∗⁄  . In bismuth single crystals, charge carriers have a sufficiently large λ value, which in 

the direction of the C3 axis is 67 nm for electrons and 11 nm for holes at a temperature of 77 K. In this 
work, an attempt is made to experimentally discover the influence of the quantum size effect on the 
thermoelectric properties of thin films of bismuth on mica. 

Figure 3 shows the temperature dependences of the thermoEMF of bismuth films with a 
thickness of 10 nm to 1 μm, obtained by thermal spraying under optimal conditions [14] with 
annealing. It can be seen from the presented dependences that at low temperatures for films with a 
thickness of 1 μm to 27 nm, the absolute value of the negative thermoEMF decreases with decreasing 
film thickness, and for the thin film itself, the thermoEMF at low temperatures goes into the positive 
region. In this case, due to the peculiarities of the formation of thin-film structures, with a decrease in 
film thickness, an increase in the ratio between crystallite size and the thickness of the film (D/h) 
occurs. As indicated above, in this case, with a decrease in the film thickness, the electron mobility is 
more significantly restricted with respect to the hole mobility, which leads to a decrease in the 
contribution of electrons to the thermoEMF and a decrease in its absolute value for thinner films. 
However, for films with a thickness of less than 27 nm at low temperatures, an increase in the absolute 
value of the thermoEMF begins (inset in Fig. 3), while the dependence on the thickness D/h remains 
the same as for films with a greater thickness; therefore, the change in the character of the thickness 
dependence of the thermoEMF for films thickness less than 27 nm cannot be due to various 
restrictions of the mobility of electrons and holes by the surface and boundaries of crystallites. 
Probably, an increase in the absolute value of the thermoEMF with a decrease in the thickness of the 
bismuth films is associated with a change in the electronic energy spectrum due to the quantum size 
effect. 

 

 
 

Fig. 3. Temperature dependences of thermoEMF of bismuth films of thickness  

from 10 nm to 1 µm. D/h is the ratio of crystallite size to film thickness 
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Fig. 4. Temperature dependences of thermoelectric power factor of bismuth films  

of thickness from 10 nm to 1 µm. D/h is the ratio of crystallite size to film thickness 

 
For bismuth-antimony films this effect was not found, apparently, due to the lower efficiency 

of annealing in the task of increasing the crystallite size (Table 1) for thin films of bismuth-antimony 
solid solution and, as a result, smaller values of the coherence length of charge carriers as compared to 
films of pure bismuth, the large values of which are critical for observing coherent phenomena [17].  

Using the measured temperature dependences of resistivity and thermoEMF for the studied 
films, the thermoelectric power factor P was calculated (Fig. 4). The highest value of thermoelectric 
power for all temperatures is observed for films with a thickness of 500-1000 nm. However, its 
thickness dependence is non-monotonic at low temperatures. For films less than 27 nm thick, the 
power factor begins to grow with a decrease in the film thickness, which, like an increase in the 
absolute value of the thermoEMF, is caused by a change in the band structure of the films due to the 
manifestation of quantum coherence of charge carriers. 

In order to experimentally study the possibility of using internal mechanical stresses to 
improve the thermoelectric properties of thin films of the bismuth-antimony system, in this work, the 
thermoelectric properties of thin films of a bismuth-antimony solid solution on substrates with 
different thermal expansion coefficients: polyimide and mica (muscovite) are investigated. Under the 
influence of the difference in thermal expansion of the film and substrate materials, bismuth films on 
polyimide are in a state of in-plane compression, and bismuth films on mica, in a state of in-plane 
tension at a temperature below the film formation temperature. When analyzing the results, we used 
the values of the average crystallite size of the films of the bismuth-antimony system obtained by the 
methods developed in [18, 19] and presented in Table. 

An increase in the concentration of antimony in the film is accompanied by an increase in the 
absolute value of the thermoEMF at low temperatures, which reflects a change in the thermoEMF in 
single crystals with a change in their composition (Fig. 5 and Fig. 6). A decrease in the film thickness 
in films of a bismuth-antimony solid solution leads to a decrease in the thermoEMF in absolute value 
in the low-temperature region, while a decrease in the crystallite size leads to an increase in its 
absolute value, in complete analogy with pure bismuth films. 
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The effect of film strain, due to the difference in the thermal expansion of the film and 
substrate materials, leads to a different type of the temperature dependences of the thermoEMF in 
bismuth-antimony films on mica and polyimide substrates. 

 
Table  

Crystallite size of bismuth and bismuth-antimony solid solution films, µm. 

Substrate material 

Thickness, µm 
 
Compo- 
sition,  
at.% Sb 

1 0.5 0.5 

Mica 

0 5.4 10.7 3.6 

3 6.8 5.6 4.3 

5 8.2 1.8 3.2 

8 2.2 3.5 – 

12 3.8 3.2 2 

15 2.7 – 1.6 

Polyimide 

0 2.0 1.4 1.3 

3 1.0 0.8 0.6 

5 – – 0.9 

8 1.2 0.7 – 

12 1.1 0.7 – 

15 1.0 – – 
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The use of films on substrates with a high thermal expansion leads to a decrease in the absolute 
value of the thermoEMF, especially in the low-temperature region. The maximum values of the 
thermoEMF and power factor correspond to Bi0.88Sb0.12 films on mica and polyimide (Fig. 6, 7). 

 

 
 

Fig. 5 ThermoEMF of films 1000 nm thick of different  

composition on mica. On the inset — thermoEMF  

of Bi0.88Sb0.12 films of different thicknesses. 

 

 

 
 
 

Fig. 6. ThermoEMF of films 1000 nm thick of different  

composition on polyimide. On the inset — thermoEMF  

of Bi0.88Sb0.12 films of different thicknesses. 
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Fig. 7. Power factor of Bi0.88Sb0.12 films of different thicknesses on mica.  

On the inset — power factor of Bi0.88Sb0.12 films of different thicknesses on polyimide. 

Conclusions 

It has been established that the use of films on substrates with a high thermal expansion leads 
to a decrease in the thermoEMF, especially in the low-temperature region. The maximum thermoEMF 
and power factor correspond to thick block films of Bi0.88Sb0.12 on mica. In these films, the maximum 
power factor of 4 * mW / K2m was obtained at temperatures of 200-250 K. The study of ultrathin 
monocrystalline bismuth-antimony films with an achievable minimum defectiveness and a high 
surface perfection, which provides a long coherence length of charge carriers with a predominance of 
specular reflection from the film surfaces, seems to be promising for achieving high values of 
thermoelectric power. However, the technology for creating such films has not been developed yet. 
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ТЕРМОЕЛЕКТРИЧНІ ВЛАСТИВОСТІ ТОНКИХ ПЛІВОК  
ВІСМУТУ І ТВЕРДОГО РОЗЧИНУ ВІСМУТ-СУРМА 

Методом, що виключає виникнення зовнішніх деформаційних впливів на систему плівка-

підкладка, були досліджені температурні залежності питомого опору і термоЕРС, 

розрахований фактор термоелектричної потужності в інтервалі температур 77-300К для 

плівок твердого розчину вісмут-сурма на підкладках з різним коефіцієнтом 

температурного розширення. Встановлено, що для отримання максимальної термоЕРС 

критично важливим є співвідношення розміру кристалітів і товщини плівки, що обумовлено 

різним обмеженням рухливостей електронів і дірок поверхнею і межами кристалітів. 

Максимальне значення термоЕРС і фактора потужності відповідає товстим блоковим 

плівкам Bi0.88Sb0.12 на слюді. Робота виконана в рамках державного завдання за фінансової 

підтримки Міносвіти Росії (проект № FSZN-2020-0026). Бібл. 19, Рис. 7, Табл. 1. 

Ключові слова: вісмут, вісмут-сурма, термо, розмірний ефект, фактор потужності 
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ТЕРМОЭЛЕКТРИЧЕСКИЕ СВОЙСТВА ТОНКИХ ПЛЕНОК  
ВИСМУТА И ТВЕРДОГО РАСТВОРА ВИСМУТ-СУРЬМА 

Методом, исключающим возникновение внешних деформационных воздействий на систему 

пленка−подложка, были исследованы температурные зависимости удельного 

сопротивления и термоэдс, рассчитан фактор термоэлектрической мощности в интервале 

температур 77-300К для пленок твердого раствора висмут-сурьма на подложках с 

различным коэффициентом температурного расширения. Установлено, что для получения 

максимальной термоэдс критически важным является соотношения размера кристаллитов 

и толщины пленки, что обусловлено различным ограничением подвижностей электронов и 

дырок поверхностью и границами кристаллитов. Максимальное значение термоэдс и 

фактора мощности соответствует толстым блочным пленкам Bi0.88Sb0.12 на слюде. 

Работа  выполнена в рамках государственного задания при финансовой поддержке 

Минпросвещения России (проект № FSZN-2020-0026). Библ. 19, Рис. 7, Табл. 1. 

Ключевые слова: висмут, висмут-сурьма, термоэдс, размерный эффект, фактор мощности 
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